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Abstract

Since the discovery of a Standard Model-like Higgs in 2012, measurements of its properties
have played a key role in the challenging search for Physics Beyond the Standard Model
(BSM). To confront BSM theories with new experimental results, electroweak precision cal-
culations are of vital importance. This phenomenological study investigates the Higgs sector
of the Minimal R-symmetric Supersymmetric Standard Model (MRSSM). A strong focus is
placed on the trilinear self-coupling of the lightest CP-even neutral Higgs. This coupling is
investigated at tree level and one loop order, with an emphasis on the distinctive features of
the model and its parameter space.

Zusammenfassung

Seit der Entdeckung des Standardmodell-ähnlichen Higgs im Jahr 2012 spielen Messungen des-
sen Eigenschaften eine entscheidende Rolle in der herausfordernden Suche nach Physik jenseits
des Standardmodells (BSM). Um BSM-Theorien neue experimentelle Ergebnissen gegenüber-
zustellen, sind elektroschwache Präzisionsberechnungen von entscheidender Bedeutung. Die-
se phänomenologische Arbeit untersucht den Higgs-Sektor des Minimalen R-symmetrischen
Supersymmetrischen Standardmodells (MRSSM). Im Vordergrund liegt die Analyse der tri-
linearen Selbstkopplung des leichtesten CP-geraden neutralen Higgs. Diese Kopplung wird
auf führender Ordnung und in der ersten Ordnung in Störungstheorie untersucht, wobei ein
besonderer Schwerpunkt auf den charakteristischen Merkmalen des Modells und seines Para-
meterraums liegt.
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Abbreviations

1PI One Particle Irreducible
BSM Beyond the Standard Model
EFT Effective Field Theory
EWSB Electroweak Symmetry Breaking
EWSM Electroweak Standard Model
GUT Grand Unified Theory
LHC Large Hadron Collider
MRSSM Minimal Supersymmetric R-Symmetric Standard Model
MSSM Minimal Supersymmetric Standard Model
NMSSM Next-To-Minimal Supersymmetric Standard Model
QCD Quantum Chromo Dynamics
QFT Quantum Field Theory
SM Standard Model of particle physics
SSB Spontaneous Symmetry Breaking
SUSY Supersymmetry
vev vacuum expectation value
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1. Introduction

Despite direct evidence for Beyond the Standard Model (BSM) physics, the search for a suit-
able, more encompassing theory has proven notoriously difficult. Investigating the properties
of the SM-like Higgs state, which has been discovered at the Large Hadron Collider (LHC) in
2012 provides a powerful probe in the search for new physics. Measuring the self couplings of
the Higgs provides an insight in the shape of the Higgs potential possible signs of new physics.
The trilinear Higgs coupling λhhh is crucial in this process and currently in the focus of ex-
perimental investigations. Since the trilinear coupling is not an observable, the experimental
investigations focus on the study of interference effects in di-Higgs production, adjusted by
the modifier

κλ =
λhhh

λ
(0)SM
hhh

. (1.1)

Current bounds from ATLAS searches [1] on κλ are −1.2 < κλ < 7.2 at the 95% confidence
level. From a theory perspective, calculating κλ and subsequently di-Higgs production in
BSM models is necessary in order to compare to experiment. Out of many approaches to
BSM physics, Supersymmetry (SUSY) provides a compelling framework with a rich collection
of realization in various models. The Minimal Supersymmetric R-Symmetric Standard Model
(MRSSM) is an extension of the Standard Model of particle physics (SM) that goes beyond
the minimal implementation of SUSY. It incorporates a higher degree of symmetry than
the Minimal Supersymmetric Standard Model (MSSM), namely R-symmetry. R-symmetry
introduces a larger field content and unique terms in the superpotential as well as the soft
breaking potential. These terms offer solutions to both theoretical and phenomenological
issues of the MSSM. Through the incorporation of SUSY and R-symmetry, the Higgs sector of
the MRSSM is a unique and non-trivial extension of the Higgs sector of the SM. Investigating
the Higgs self couplings in the MRSSM is therefore highly motivated.
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2. The Standard Model Higgs sector
at tree level

To this day, the SM remains the most successful and comprehensive theory of fundamental
interactions. Its predictions have been confirmed by a wide range of experiments with remark-
able precision. The SM is formulated within the framework of Quantum Field Theory (QFT)
and, more specifically, as a gauge theory based on the gauge group

SU(3)C × SU(2)L ×U(1)Y . (2.1)

Here, SU(3)C governs the interactions of color-charged particles and defines the theory of
Quantum Chromo Dynamics (QCD), while the electroweak sector is described by the gauge
group SU(2)L × U(1)Y , commonly referred to as the Electroweak Standard Model (EWSM).
This work focuses primarily on the electroweak sector of supersymmetric theories and in par-
ticular, on the structure and phenomenology of their Higgs sector. It is therefore worthwhile
to review the Higgs sector of the SM because it forms the basis of any discussion about ex-
tended frameworks.
The Higgs sector of the SM is defined by its scalar potential, which reads at tree level

V (0)(Φ) = −µ2|Φ|2 + λ|Φ|4 µ2,λ > 0 (2.2)

The theory is formulated in terms of the SU(2)L doublet Φ. A key feature of the EWSM is
the incorporation of Spontaneous Symmetry Breaking (SSB)

SU(2)L × U(1)Y
SSB−−−→ U(1)Q. (2.3)

In order to describe SSB effectively, the Higgs doublet Φ is parametrized as

Φ =

(
G+

1√
2

(
v + h+ iG0)

)
, (2.4)

where G0 and G+ describe the unphysical Goldstone bosons and the Higgs field h describes
small fluctutions around the electroweak minimum, characterized by the vacuum expectation
value (vev) v. The Higgs potential (2.2) after SSB reads

V (0) ⊃ (λv3 − µ2v)︸ ︷︷ ︸
!
=0⇔λv2=µ2

h+ (3
2λv

2 − µ2

2 )︸ ︷︷ ︸
m2

h=2λv2

h2 + λvh3 + λ
4h

4, (2.5)
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2. The Standard Model Higgs sector at tree level

where the tree level tadpole condition

t(0) =
∂3V (0)

∂h3

∣∣∣∣∣
h=0

!
= 0, (2.6)

ensures minimization and fixes µ2. In the tree level minimum the mass of the Higgs m2
h is

given as m2
h = 2λv2. The trilinear Higgs self coupling at tree level λ(0)

hhh is defined as the third
derivative of the potential in the minimum. It relates to the mass by

λ
(0)
hhh =

∂3V (0)

∂h3

∣∣∣∣∣
h=0

=
3m2

h

v
. (2.7)

In order to study BSM effects κBSM
λ is defined as the trilinear Higgs coupling of the BSM

theory normalized by the SM value

κBSM
λ =

λBSM
hhh

λ
(0)SM
hhh

. (2.8)

The quartic Higgs coupling can be related to the mass as well

λ
(0)
hhh =

∂4V (0)

∂h4

∣∣∣∣∣
h=0

=
3m2

h

v2 . (2.9)

The relations (2.7) and (2.9) are investigated in the context of the decoupling limit in the
MSSM and MRSSM in chapter 4 and chapter 7 at tree level and in chapter 9 at the one loop
level.
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3. Supersymmetry

The following chapter provides an overview alongside selected detailed aspects of Supersym-
metry. Derivations are presented not for mathematical rigor, but to establish a clear and
consistent framework for the discussions throughout this thesis. Given the abundance of
pedagogical literature on this subject, the reader is referred to the following comprehensive
resources, which form the foundation for much of the material presented in this chapter: [27],
[19], [28], [4].

3.1. Spinor Notation and Structure

In most descriptions of QFT’s involving fermions, Dirac Spinors are utilized. In the framework
of SUSY it is however very convenient to turn to a description using Weyl Spinors which can
be regarded as more fundamental objects. In order to spell this out, one may consider the
Lorentz group SO(3, 1) which can be decomposed into two SU(2) subgroups [29] [28]

SO(3, 1) ∼= SU(2) ⊗ SU(2). (3.1)

In order to describe relativistic spin-1
2 fields, one turns to the

(1
2 , 0
)

representation of (3.1).
The representation objects of this 2-dimensional complex representation are by convention
called left handed Weyl Spinors ψα where α = 1, 2. Representation objects of

(
0, 1

2

)
are called

right handed Weyl Spinors ψα̇ where α̇ = 1, 2. Both representations are related by complex
conjugation

ψ
α̇
= (ψα)† . (3.2)

Raising and lowering of indices is done by using the two dimensional, antisymmetric ε-tensor

ψα = εαβψ
β , ψα̇ = εα̇β̇ψ̄

β̇ . (3.3)

The direct sum of
(1

2 , 0
)

and
(
0, 1

2

)
is a four dimensional complex representation. The new

representation objects are called Dirac Spinors Ψ and are constructed by two Weyl Spinors of
each representation ψα and χα̇

Ψ =

(
ψα

χα̇

)
. (3.4)

γ-matrices are essential objects when discussing four dimensional Spinors. In this discussion
the Weyl-basis basis is used

γµ =

(
0 σµ

σµ 0

)
, γ5 =

(
−1 0
0 1

)
. (3.5)
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3. Supersymmetry

Where
σ0 = σ0 =

(
1 0
0 1

)
, σ1 = −σ1 =

(
0 1
1 0

)
,

σ2 = −σ2 =

(
0 −i
i 0

)
, σ3 = −σ3 =

(
1 0
0 −1

)
.

(3.6)

Projection operators PL and PR are defined in terms of γ5 as

PL =
1 − γ5

2
=

(
1 0
0 0

)
, PR =

1 + γ5

2
=

(
0 0
0 1

)
, (3.7)

where the matrix representation holds in the Weyl basis. Applying these projectors upon Ψ
reveals the connection to the Weyl Spinors

ΨL = PLΨ =

(
ψα

0

)
,

ΨR = PRΨ =

(
0
χα̇

)
.

(3.8)

Barred and charge conjugated Spinors are defined in the usual way as

Ψ = Ψ†γ0, ΨC = iγ0γ2Ψ
T . (3.9)

Applied to (3.4) explicitly, this results in

Ψ =
(
χα ψα̇

)
, ΨC =

(
χα

ψ
α̇

)
. (3.10)

If a Spinor Ψ fulfills Ψ = ΨC , then ψα = χα in (3.4). These Spinors are called Majorana
Spinors ΨM and describe particles that are their own antiparticles. So called Majorana mass-
terms enter Lagrangians in the following way

L ⊃ −1
2
MΨMΨM. (3.11)

These mass-terms can be expressed using Weyl Spinors ψα

L ⊃ −1
2
M
(
ψ ψ + ψ ψ

)
. (3.12)

where the Spinor indices in (3.12) are fully contracted. At this point it is worthwhile to discuss
the number of degrees of freedom nf of the introduced types of Spinors. As stated above a
Weyl Spinor ψα has two complex entries. After the process of canonical quantization, the
number of degrees of freedom is reduced since the Lagrangian poses a second class constraint
[26] [28]. Therefore the degrees of freedom are reduced to two. The same argument holds for
the Dirac Spinor Ψ, reducing its number of degrees of freedom to 4. Because of the defining
property a Majorana Spinor has two real degrees of freedom.

Spinor Type nf Comment

Weyl Spinor ψα , ψα̇ 2 Second class constraint

Dirac Spinor Ψ 4 Second-class constraint

Majorana Spinor ΨM 2 ΨC
M = ΨM

Table 3.1.: Degrees of freedom for different types of Spinors.
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3. Supersymmetry

3.2. The Supersymmetry Algebra

Relativistic Quantum Field Theory is compatible with Special Relativity and therefore incor-
porates the relativistic symmetry of spacetime. The Poincaré group is a 10-parameter Lie
Group that encapsulates Lorentz transformations and translations and is characterized by its
Algebra

[Pµ,P ν ] = 0,
[Pµ, Jρσ] = i (gµρP σ − gµσP ρ) ,
[Jµν , Jρσ] = i (gνρJµσ − gνσJµρ + gµσJνρ − gµρJνσ) .

(3.13)

Quantum Field Theories can exhibit further continuous symmetries (e.g. gauge symmetries).
The generators T of these symmetries are always Lorentz scalars.

[Pµ,T ] = [Jµν ,T ] = 0. (3.14)

The Coleman Mandula theorem [7] answers the question whether these relations can become
nontrivial. It states that the symmetry group of any interacting QFT factorises as

Poincaré × Internal. (3.15)

Loosening the underlying assumptions to the Coleman-Mandula theorem allows for evasions
like Conformal Invariance or Supersymmetry.
It was worked out by Haag, Łopuszański and Sohnius [14] that the the Poincaré Algebra could
be expanded by introducing fermionic generators Qα.

{Qα,Qβ} = {Qα̇,Qβ̇} = 0,

{Qα,Qα̇} = 2σµαα̇Pµ,

[Pµ,Qα] =
[
Pµ,Qα̇

]
= 0,

[Jµν ,Qα] = −1
2
(σµν) β

α Qβ .

(3.16)

This evades the Coleman Mandula Theorem by diverting from a Lie Algebra to a Z2 graded
Lie Algebra by the inclusion of anticommutation relations.

3.3. Superspace and Superfields

The parameter space of the group described by (3.16) is called Superspace. It is the product
of the Minkoswki-space and two spinor-spaces described by Grassmann-valued spinors θα and
θ
α̇. A superfield is a function on superspace Φ = Φ

(
xµ, θ, θ

)
. An important class of superfields

are the so called chiral superfields that are defined by

Dα̇Φ = 0 (3.17)

with
Dα̇ = −∂α̇ + i(θσµ)α̇∂µ. (3.18)

An expansion of Φ in θ and θ goes up to second order only because of anti-commutativity

Φ(x, θ, θ) = A(x) +
√

2 θψ(x) + θθF (x) − i θσµθ ∂µA(x) − i√
2
θθθ σµ∂µψ(x) − 1

4
θθ θθ2A(x),

(3.19)
where ψ is a left handed Weyl Spinor and A and F are complex scalars. The collection of
ψ, A and F is called a chiral multiplet. F is an auxiliary field that can be eliminated by its
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3. Supersymmetry

equations of motion, in other words F does not have its own dynamics since its equation of
motion is purely algebraic. After imposing all equations of motion, the number of fermionic
and bosonic degrees of freedom match, see (3.1).
Anti-Chiral superfields are constructed in a similar way by imposing the condition

DαΦ = 0 (3.20)

with
Dα = ∂α − i(σµθ)α∂µ. (3.21)

Performing the same expansion as in (3.19) leads to

Φ(x, θ, θ) = A†(x)+
√

2 θψ(x)+θθF †(x)+i θσµθ ∂µA†(x)− i√
2
θθθ σµ∂µψ(x)− 1

4
θθ θθ2A†(x),

(3.22)
where ψ is a right handed Weyl spinor and A† and F † are complex scalars. These fields form
an anti-chiral multiplet.
Another essential type of superfield is the vector superfield V which is obtained by the reality
condition V = V †. The expansion of V in Wess-Zumino Gauge [27] reads

V (x, θ, θ) = θσµθvµ(x) + iθθθλ(x) − iθθθλ(x) +
1
2
θθθθD(x), (3.23)

where vµ is a real vectorfield, λ and λ are left- and right-handed spinors and D is a real scalar
field. Note that the fermionic and bosonic degrees of freedom match since D does not have
its own dynamics and can therefore be eliminated by its equation of motion.

3.4. Supersymmetric model building

Gauge theories are essential in the context of describing nature with the apparatus of Quantum
Field Theory. This section describes how to obtain Lagrangians from the superfield formalism
and how to construct supersymmetric gauge theories. The derivations mainly follow [27].
Assume a theory including a chiral superfield Φ and a vector superfield V = T aV a where T a

denote the generators of the gauge group. Gauge invariance is reflected by invariance under
the following transformations of the superfields

Φ → e−i2gΛΦ,

Φ̄ → Φ̄ei2gΛ̄,

e2gV → e−i2gΛ̄e2gV ei2gΛ,

(3.24)

where Λ = ΛaT a and the Λa are chiral superfields. The superfield formalism allows to formu-
late theories that respect supersymmetry in a clear way. In order to obtrain supersymmetric
Lagrangians that depend only on spacetime xµ the θ dependence is integrated out. Since θ is
fermionic the Berezin integral must be utilized. It can be shown that∫

d4θ (any product of superfields) ,∫
d2θ (any product of chiral superields) |θ=0 ,

(3.25)

is supersymmetric up to total derivatives. Essential for gauge theories are kinetic terms for
the matter fields and the minimal coupling to gauge fields. These terms are collected in∫

d4θΦe2gV Φ. (3.26)
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3. Supersymmetry

The expansion of the exponential e2gV vanishes after the second order in V in Wess-Zumino
gauge because of the anticommutativity of the θ and θ in (3.23). (3.26) can be expanded as∫

d4θΦ̄e2gV Φ =F †F +
(
∂µA† − igA†vµ

)
(∂µA+ igAvµ) + ψ̄σ̄µ (i∂µ − gvµ)ψ

−
√

2
(
iψλA−A†iλψ

)
+ gA†DA,

(3.27)

where ψ̄σ̄µ (i∂µ − gvµ)ψ gives rise to the minimally coupled Weyl equation. The covariant
derivative is defined as usual by

Dµ = ∂µ + igvµ. (3.28)

Another key observation is that there exists no derivative term for F , which means that as
stated in section 3.3, F is an auxiliary field which can be eliminated by its equations of motion.
In order to acquire also kinetic terms for the gauge fields, the chiral field strength is defined
as

Wα = −1
4
DD

(
e−2gVDαe

2gV ) . (3.29)

It can be worked out [27], that∫
d2θWαWα = 4ig2λσµ

(
∂µλ+ ig

[
vµ,λ

])
− 4ig2 (∂µλ+ ig

[
vµ,λ

])
σµλ

+ 4g2DD + 2 ([Dµ,Dν ])
2

(3.30)

up to a total derivative. Fµν is defined as usual as

Fµν = F a
µνT

a =
1
ig

[Dµ,Dν ] = ∂µvν − ∂νvµ + ig [vµ, vν ] . (3.31)

Taking the trace of (3.30) provides a gauge invariant and supersymmetric kinetic term for the
gauge fields and gauginos and an interaction between them∫

d4θ
1

16g2κ
Tr
[
WαWαδ

(
θ
)

+ h.c.
]

=

∫
d4θ

1
16g2

[
W aαW a

αδ
2(θ̄) + h.c.

]
=

1
2
DaDa − 1

4
(F a

µν)
2 +

i

2
λ̄aσ̄µ(Dµλ)a +

i

2
λaσµ(Dµλ̄)a.

(3.32)

κ in(3.32) is the normalization used in Tr
(
T aT b

)
= κδab.

3.5. The Superpotential

So far kinetic terms for matter and gauge fields have been introduced alongside their (mini-
mal) interactions. The Superpotential W introduces further supersymmetric interactions by
virtue of (3.25), although further constraints need to be respected. The requirement of gauge
invariance and renormalizability only admit for [19],[27]

W (Φ) = ciΦi +
mij

2
ΦiΦj +

gijk
3!

ΦiΦjΦk, (3.33)

where the couplings mij and gijk are totally symmetric. After specifying the superpotential,
F and Dα terms can be eliminated by their equations of motion. All terms including Dα are

LD =
1
2
DαDα +A†gT aDaA. (3.34)
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3. Supersymmetry

Utilizing the Euler-Lagrange equations leads to

Dα = −A†gT aA⇒ LD = −1
2

(
A†gT aA

)2
. (3.35)

The same strategy can be applied to F terms

LF = F †
i Fi +

(
ciFi +mijFiAj +

gijk
2
FiAjAk + h.c.

)
= F †

i Fi +
(
∂W (A)

∂Ai
Fi + h.c.

)
,

(3.36)

which leads to

F †
i = −∂W (A)

∂Ai
⇒ LF = −

∣∣∣∣∂W (A)

∂Ai

∣∣∣∣2 . (3.37)

A renormalizable supersymmetric gauge theory is specified by the gauge transformation prop-
erties of all superfields and by its superpotential W . This provides the masses and the inter-
actions of all particles. The general Lagrangian is given by

L =

∫
d4θ

(
Φ̄e2gV Φ +

1
16g2

(
W aαW a

αδ
2(θ̄) + h.c.

)
+
(
W (Φ)δ2(θ̄) + h.c.

))
. (3.38)

3.6. R-Symmetry

Equation (3.14) states that the generators of all internal symmetries must commute with
the Poincaré generators. This holds true for the SUSY generators except for a global U(1)
symmetry which is called R symmetry [19]. The generators Qα and Qα̇ transform in the
following way

Qα → e−iλQα , Qα̇ → eiλQα̇, (3.39)

which implies that they have R charges −1 and +1 respectively. They have nontrivial com-
mutation relations with the symmetry generator R

[R,Qα] = −Qα and [R,Qα̇] = Qα̇. (3.40)

The coordinates of superspace θ and θ have respective charges +1 and −1. An R-charge rs
for an entire superfield S(xµ, θ, θ) is specified by its transformation

S(xµ, θ, θ) → eirsλS(xµ, eiλθ, e−iλθ). (3.41)

A chiral superfield Φ transforms with an R-charge rΦ and because of (3.19) its components
transform with

R [A] = rΦ, R [ψ] = rΦ − 1, and R [F ] = rΦ − 2 (3.42)

Since a vector superfield is real its R-charge is zero. This translates to the following R-charges
of its components

R [vµ] = 0, R [λ] = 1, and R [D] = 0. (3.43)

Two immediate consequences of (3.43) are that the inclusion of Majorana mass terms for
gauginos as in (3.12) breaks R-symmetry and that kinetic terms (3.26) preserve R-symmetry
.
Because θ carries R-charge +1, d2θ must carry R-charge -2. Combined with (3.38) this means
that the Superpotential W of an R-symmetric theory is required to have R-charge +2. The
construction of the Minimal R-Symmetric Supersymmetric Standard Model is discussed in
chapter 5.

16



3. Supersymmetry

3.7. Supersymmetry breaking

A fully supersymmetric theory predicts the same masses for partners in a multiplet. When
looking at SUSY from a phenomenological perspective, this disagreement with experimental
observation needs to be accounted for by breaking the supersymmetry. By explicitly adding
non-supersymmetric terms to the Lagrangian, the desired aspects of a SUSY theory are kept
while making the model phenomenologically viable. Soft terms are not supersymmetric and
have couplings with positive mass dimension. This ensures a separation of the electroweak
scale and a larger SUSY scale. A general Lagrangian Lsoft is given by the Girardello-Grisaru
terms that do not introduce quadratic divergences [19]

Lsoft = −
(

1
2
Maλ

aλa +
1
6
aijkφiφjφk +

1
2
bijφiφj + tiφi + h.c.

)
−
(
m2)i

j
φj∗φi. (3.44)

The first term describes Majorana mass terms for the gauginos. The other terms describe a
triple scalar interaction with the coupling aijk, scalar masses bij and

(
m2)i

j
and a tadole term

with the coupling ti. There is another class of possible soft terms that needs to be further
investigated

Lsoft candidates = −
(

1
2
cjki φ

∗iφjφk +Ma
Diracλ

aψa +
1
2
mijψiψj + h.c

)
. (3.45)

The first term in (3.45) is problematic since it can give rise to quadratic divergences. The
second term is particularly interesting in the context of this thesis since it presents a way
to introduce mass terms for the gauginos without breaking R-Symmetry as dicussed in sec-
tion 3.6. The inclusion of a Dirac-mass term for the gauginos requires a chiral superfield that
transforms in the adjoint representation. The last term in (3.45) introduces masses for the
fermions of a chiral multiplett but such a term can be absorbed by redefinitions [19].
Soft SUSY breaking terms can be generated by spontaneous symmetry breaking in the sense
that the full theory is supersymmetric but this symmetry is not shared by its ground state.
The dynamical breaking of SUSY can be moderated by a Spurion that acquires a vev in its
F or D term. The breaking arising from an F -term vev known as O’Raifeartaigh breaking
while the D-term breaking is called Fayet-Iliopoulos breaking.
One possibility for generating a D term induced breaking is by considering the operator∫

d2θ

√
2Wα

M
W a

αΦ
a, (3.46)

where Wα = θαD describes a spurion field strength that acquires a vev 〈D〉 for the D term.
In this way a Dirac mass parameter MD can be generated dynamically∫

d2θ

√
2Wα

M
W a

αΦ
a vev

= −MD
(
λaψa −

√
2Daφa

)
, (3.47)

where MD = 〈D〉
M . For a detailed derivation see [13]. This generation of a Dirac mass term

has unique properties and is featured in the MRSSM.
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4. The Minimal Supersymetric
Standard Model

This chapter provides an introduction to the Minimal Supersymmetric Standard Model and
highlights several elements that will be revisited throughout the thesis, with a particular
emphasis on R-symmetry and its profound consequences. For simplicity only one generation
of matter is introduced. Most derivations follow [27] and [19].

4.1. Lagrangian and field content of the MSSM

The Minimal Supersymmetric Standard Model (MSSM) is obtained by extending the particle
content of the Standard Model into the minimal amount of supersymmetric multipletts needed
in order to ensure a SUSY theory while necessarily adding a second Higgs doublett. In order
to make it a realistic theory, the supersymmetric Lagrangian needs to be supplemented by
soft breaking terms

LMSSM = LSUSY + Lsoft (4.1)

Since the MSSM inherits the gauge group of the SM: SU(3)C × SU(2)L ×U(1)Y , the model is
specified by providing the gauge quantum numbers of the fields alongside its superpotential
and the breaking terms. Utilizing (3.38), the supersymmetric Lagrangian LSUSY is

LSUSY =

∫
d4θ

(
Qe2gV +2g′V ′+2gsVsQ+ U e2gV +2g′V ′−2gsV T

s U +De2gV +2g′V ′−2gsV T
s D

+ Le2gV +2g′V ′
L+ E e2gV +2g′V ′

E

+Hd e
2gV +2g′V ′

Hd +Hu e
2gV +2g′V ′

Hu

)
+
∫
d2θ

(
1

16g2W
αaW a

α +
1

16g′2
W ′αW ′

α +
1

16g2
s

Wαa
s W a

sα

)
+ h.c.

+
∫
d2θ WMSSM + h.c.,

(4.2)

where Vs = V a
s

λa

2 , V = V a σa

2 and V ′ = v′Y .
Table 4.1 shows the contents of the superfields and transformation properties. The generators

for the transformations in each representation are given in table 4.2.
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4. The Minimal Supersymetric Standard Model

Superfield Components SU(3)C × SU(2)L ×U(1)Y

Φ A, ψ

V λ, vµ

Q q̃L =

ũL
d̃L

 , qL =

uL
dL

 (3, 2, 1/6)

U ũ†R, uR (3∗, 1,−2/3)

D d̃†R, dR (3∗, 1, 1/3)

L l̃L =

ν̃L
ẽL

 , lL =

νL
eL

 (1, 2,−1/2)

E ẽ†R, eR (1, 1, 1)

Hd Hd =

H0
d

H−
d

 , ψHd
(1, 2,−1/2)

Hu Hu =

H+
u

H0
u

 , ψHu (1, 2, 1/2)

V ′ λ′, Bµ (1, 1, 0)

V a λa, W a
µ (1, 3, 0)

V a
s λas , Ga

µ (8, 1, 0)

Table 4.1.: Superfields in the MSSM with their components and representations under gauge
transformations.

Group Label Generator Comment

SU(2)L
2 T a = σa

2 Fundamental representation

3
(
T ad)a

bc
= −ifabc = −iεabc Adjoint representation

SU(3)C

3 T a
s = λa

2 Fundamental representation

3∗ T a
s = −λa∗

2 = −λaT

2 Anti-fundamental representation

8
(
T ad
s

)a
bc
= −ifabc Adjoint representation

Table 4.2.: Representations of gauge group generators.

The superpotential of the MSSM is given as

WMSSM = ydHdQD + yuHuQU + yeHdLE − µHdHu, (4.3)

where the first three terms correspond to supersymmetric versions of Yukawa interactions
with Hu and Hd. Since the superpotential needs to be holomorphic there is no directly
corresponding term to the Higgs mass term of the SM. The µ-term however takes this role
as will be discussed in the next section. In order to completely specify the MSSM, the soft
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4. The Minimal Supersymetric Standard Model

terms need to be stated. They are the following collection of Girardello-Grisaru terms

Lsoft =−M2
Q̃
|q̃L|2 −M2

Ũ
|ũR|2 −M2

D̃
|d̃R|2 −M2

L̃
|l̃L|2

−M2
Ẽ
|ẽR|2 −M2

Hd
|Hd|2 −M2

Hu
|Hu|2

+
1
2
(
M1λ

′λ′ +M2λ
aλa +M3λ

a
sλ

a
s + h.c.

)
−
(
Ad ydHdq̃Ld̃

†
R +Au yuHuq̃Lũ

†
R +Ae yeHd l̃Lẽ

†
R + h.c.

)
− (BµHdHu + h.c.) .

(4.4)

The first two lines in (4.4) introduce mass terms for the squarks and sleptons while the third
line consists of Majorana mass terms for the gauginos. The last two lines include trilinear
scalar interactions and the bilinear Bµ-term.

4.2. The Higgs sector of the MSSM

Compared to the SM, supersymmetric models like the MSSM or MRSSM offer a rich and
considerably more intricate Higgs sector. Considering only the supersymmetric part of (4.1),
the number of parameters is less than in the SM because of the higher degree of symmetry.
The absent coupling is the quartic coupling λ of the Higgs potential. In section 3.5 it is
argued that the superpotential cannot include a term that consists of the product of four
chiral superfields. Quartic scalar terms can only arise from F - and D-terms which implies
that the mass of the lightest (SM-like) Higgs is predicted rather than a free parameter of the
theory. In Table 4.1, the two Higgs doubletts Hu and Hd, have been introduced as the scalar
field components of the chrial superfields, which share the same names. The Lagrangian parts
only containing Hu and Hd can be divided into the parts arising from F -terms, D-terms and
soft breaking terms [27]

LD
Hu,Hd

= −g
2

2

(
H†

dT
aHd +H†

uT
aHu

)2
− g′2

2

(
YHd

H†
dHd + YHuH

†
uHu

)2
,

LF
Hu,Hd

= −|µ|2
(
H†

dHd +H†
uHu

)
,

Lsoft
Hu,Hd

= −
(
M2

Hd
H†

dHd +M2
Hu
H†

uHu + (BµHdHu + h.c.)
)

,

(4.5)

where YHd
= −1

2 and YHu = 1
2 . The Higgs potential V is defined as the negative of (4.5).

Multiplications HdHu are SU(2)L invariant via HdHu = εijH
i
dH

j
u and |Hd|2 = H†

dHd =
H i

dH
i
d. In order to describe Electroweak Symmetry Breaking (EWSB) effectively the following

parametrization of the neutral doublett components H0
d ,H0

u is used

Hd =

(
1√
2
(vd + φd + iσd)

H−
d

)
, Hu =

(
H+

u
1√
2
(vu + φu + iσu) .

)
. (4.6)

This corresponds to the convention1 used in the Mathematica package SARAH [22], [23]. Tad-
pole equations correspond to the minimization condition of the Potential. They read

∂V

∂φd

∣∣∣∣
all fields =0

= −Bµ vu +
1
8
(g2 + g′2) vd

(
v2
d − v2

u

)
+ vd

(
M2

Hd
+ µ2) ,

∂V

∂φu

∣∣∣∣
all fields =0

= −Bµ vd +
1
8
(g2 + g′2) vu

(
v2
u − v2

d

)
+ vu

(
M2

Hu
+ µ2) .

(4.7)

1In [27] and [19] vacuum expectation values in the doubletts are defined without the normalization factor 1√
2
.
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4. The Minimal Supersymetric Standard Model

The two complex doubletts Hu and Hd have eight real degrees of freedom. Because SU(2)L×
U(1)Y

SSB−−−→ U(1)e breaks three generators, three Goldstone bosons exist. These are denoted
as G± and G0. The mixing of gauge and mass eigenstates is summarized by [27](

H
h

)
=

(
cosα sinα
− sinα cosα

)(
φd
φu

)
,

(
G0

A0

)
=

(
cosβ sinβ
− sinβ cosβ

)(
σd
σu

)
,

(
G±

H±

)
=

(
cosβ sinβ
− sinβ cosβ

)(
H±

d

H±
u

)
.

(4.8)

The real parts of the neutral components of the doubletts φu and φd mix into the mass
eigenstates h and H. These are the CP-even and neutral states where it is assumed that the
lighter state h is the SM-like state. The other physical Higgs states are the charged Higgses
H± and the CP odd Higgs A0. The following definitions are useful in shortening calculations

tan (β) =
vu
vd

, v2 = v2
u + v2

d,

m2
Z =

(
g2+g′2

)
4 v2, m2

A =
2Bµ

sin (2β)
.

(4.9)

4.3. The mass of the lightest Higgs in the MSSM

The mass matrix M2
h consisting of bilinears of φu and φd reads

M2
h =

(
m2

Z cos2 β +m2
A sin2 β −(m2

A +m2
Z) cosβ sinβ

−(m2
A +m2

Z) cosβ sinβ m2
A cos2 β +m2

Z sin2 β

)
. (4.10)

The rotation matrix UT given in (4.8), that diagonalizes M2
h is a general orthogonal 2x2

matrix. The mixing angle α can be determined by considering

UTM2
hU = D, (4.11)

where D is the diagonal matrix of eigenvalues of M2
h . The (1,2) (or (2,1)) component of (4.11)

reads
1
2
(
m2

A sin (2α− 2β)−m2
Z sin (2α+ 2β)

)
= 0,

⇒ tan (2α) = tan (2β)
(
m2

Z +m2
A

m2
A −m2

Z

)
.

(4.12)

A particularly interesting limit in the context of SUSY phenomenology is to consider v/MSUSY →
0. Keeping v/MSUSY = ε finite defines a very powerful expansion parameter which will be
used extensively throughout this thesis. When considering (4.12) in this limit

(
m2

Z

m2
A
= ε
)

, the
mixing angle α tends to β

tan (2α) = tan (2β)
(

1 +
2m2

Z

m2
A

+ . . .

)
⇒ α

ε→0
= β + n

π

2
, n ∈ Z

(4.13)

The eigenvalues m2
h,H of M2

h are the masses of the physical particles H0 and h0 [27]

m2
h,H =

1
2

(
m2

A +m2
Z ∓

√(
m2

A +m2
Z

)2 − 4m2
Am

2
Z cos2(2β)

)
(4.14)
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4. The Minimal Supersymetric Standard Model

Expanding in mZ
mA

delivers at leading order the famous MSSM predicition for m2
h

m2
h = m2

Z cos (2β)2 + . . .

m2
H = m2

A +m2
Z sin (2β)2 + . . .

(4.15)

The same result can be obtained by perturbatively diagonalizing M2
h in orders of ε. This

procedure is applied to M2
h in section A.1.

4.4. The trilinear Higgs coupling

In order to determine the trilinear coupling of the lightest CP even Higgs state h at tree level,
all trilinear φd and φu terms must be obtained from the potential V

V |φiφjφk
=

√
2
(
g2 + g′2

)
8

(
vuφ

3
u + vdφ

3
d − vuφuφ

2
d − vdφ

2
uφ

d
)

. (4.16)

Using (4.8) the relation between the gauge eigenstates φd, φu and h can be expressed as

φu ∼ cos (α)h,
φd ∼ − sin (α)h.

(4.17)

The trilinear coupling of the physical state h is then given as

λhhh =
∂3V

∂h3 = 3
√

2
(
g2 + g′2

)
4

(
vu cos3 (α)− vd sin3 −vu cos (α) sin2 (α) + vd sin (α) cos2 (α)

)︸ ︷︷ ︸
cos(2α)(vu cos(α)+vd sin(α))

=
3mZg

2 cos (θW )
cos (2α) sin (α+ β) ,

(4.18)

where cos (θW ) = g√
g2+g′2

is the weak mixing angle. This confirms the literature result [15].
In the decoupling limit, where ε→ 0 and therefore α→ β − π

2 , the trilinear tends to

λhhh → 3mZg

2 cos (θW )
cos2 (2β) =

3m2
h

v
, (4.19)

which is the well known SM relation between the mass and the trilinear.

4.5. The quartic Higgs coupling

The quartic Higgs coupling is defined by the collection of all quartic terms in the potential

V |φiφjφkφl
=

1
32
(
g′2 + g2) (φ2

d − φ2
u

)2 . (4.20)

In mass eigenstates it reads

λhhhh =
∂4V

∂h4 =
3
4
(
g′2 + g2) (cos2 α− sin2 α

)2
=

3
4
(
g′2 + g2) cos2(2α)

=
3g2

4 cos2 (θW )
cos2(2α)

(4.21)

Which is also confirmed by [15]. In the decoupling limit α→ β − π
2 the quartic coupling also

tends towards the SM relation between the mass and the quartic coupling

λhhhh → 3g2

4 cos2 (θW )
cos2(2β) =

3m2
h

v2 . (4.22)
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5. The Minimal R-symmetric
Supersymmetric Standard Model

The pervious chapter introduced the Minimal Supersymmetric extension of the Standard
Model, the MSSM. Even though the MSSM is a rather large model and extremely rich in its
phenomenology, extensions that go beyond the minimal implementation of SUSY have been
developed to adress some of the shortcomings of the MSSM. As an example, the ”µ-term” in
the superpotential of the MSSM (4.3) includes the dimensionful µ-parameter. Explaining why
µ is naturally of the order of the EW scale rather than the Grand Unified Theory (GUT)-
or Planck scale is called the µ-problem. The Next-To-Minimal Supersymmetric Standard
Model (NMSSM) adresses this by introducing an additional singlet chiral superfield S that
generates the equivalent of the µ-term dynamically by its vev −µHdHu → −λSHdHu, where
λ is a dimensionless coupling.
Another problematic feature of the MSSM arises from dangerous lepton- and baryon number
violating terms which could in principle be added to the superpotential of the MSSM. In order
to prevent this problem, the concept of R-parity is introduced [19].
It is important to mention that flavor physics observables strongly depend on certain model
parameters of the MSSM, e.g. BR

(
Bs → µ+µ− ∝ tan6 β

)
[9]. The absence of the soft trilinear

squark mixing terms (”A-terms”) in (4.4) relaxes these constraints significantly [18].

5.1. Lagrangian and field content of the MRSSM

The Minimal R-symmetric Supersymmetric Standard Model (MRSSM) addresses all of the
above by enforcing R-symmetry upon the Lagrangian. As described in section 3.6, the su-
perpotential is therefore required to have an R-charge of +2 while soft breaking terms need
to have an R-charge of 0. All SM fields are assigned an R-charge of 0. Table 5.1 includes
the R-charges for the whole field content of the MRSSM. The problematic terms mentioned
above, a µ-term −µHdHu, Majorana mass-terms for the gauginos and the A-terms have non
vanishing R-charges and are therefore not allowed. Since phenomenology requires mass terms
for gauginos, they can be replaced as Dirac mass terms by adding

Lsoft,Dirac =MD
B

(
B̃S̃ −

√
2DBS

)
+MD

W

(
W̃ aT̃ a −

√
2Da

WT
a
)
+MD

g

(
g̃aÕa −

√
2Da

gO
a
)

+h.c.
(5.1)

to the soft breaking Lagrangian. These terms are theoretically more appealing as they can
be generated via a D-type Spurion as described in section 3.7. However this mechanism of
generating Dirac masses for the gauginos requires the existence of fermions in the respective
adjoint representation. Therefore the particle content of the theory is enlarged by the S,
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5. The Minimal R-symmetric Supersymmetric Standard Model

T and O fields. The gauge superfields together with the additional chiral superfields in the
adjoint representation are N=2 supersymmetric [10].
The µ-term as it exists in the MSSM also violates R-symmetry. By introducing the R-Higgs
fields which carry an R-charge of +2, the µ-term in the superpotential can be replaced by

−µHdHu → µdRdHd + µuRuHu. (5.2)

These terms can be dynamically generated by the Giudice-Masiero mechanism where they
arise from the vev of an F-type spurion which automatically explains why their size is not at
the Planck scale.
Enforcing R-symmetry allows to generate terms that are theoretically very well motivated
and simultaneously explains the absence of the less desirable terms of the MSSM. These new
terms give rise to a rich phenomenology especially in the Higgs sector.

Field Superfield Boson Fermion R-Charges

Gauge Vector g,W ,B g,W ,B g̃, W̃ , B̃ (0, 0, +1)

Matter
l, e l̃, ẽ∗R l, e∗R (+1, +1, 0)
q, d,u q̃, d̃∗R, ũ∗R q, d∗R,u∗R

Higgs Hd,u Hd,u H̃d,u (0, 0,−1)

R-Higgs Rd,u Rd,u R̃d,u (+2, +2, +1)

Adjoint Chiral O,T ,S O,T ,S Õ, T̃ , S̃ (0, 0,−1)

Table 5.1.: R-charge assignments for the supermultiplets of the MRSSM. Notation for
Fermions and Bosons is taken from [12].

The gauge transformation properties of the new fields are summarized in Table 5.2.

Superfield Components SU(3)C × SU(2)L ×U(1)Y

Ru

R0
u

R−
u

 ,

R̃0
u

R̃−
u

 (1, 2,−1
2)

Rd

R+
d

R0
d

 ,

R̃+
d

R̃0
d

 (1, 2, +1
2)

S S, S̃ (1, 1, 0)

T T , T̃ (1, 3, 0)

O O, Õ (8, 1, 0)

Table 5.2.: Additional chiral superfields in the MRSSM and their representations under the
gauge group.

The SU(2)L triplet T is defined as

T =

(
T 0/

√
2 T+

T− −T 0/
√

2

)
, where

(
T+)† 6= T−, T ′ =

{
SpσjT√

2

}3

j=1
. (5.3)
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The Superpotential of the MRSSM is

W =µdRdHd + µuRuHu + ΛdRdTHd + ΛuRuTHu + λd SRdHd + λu SRuHu

− Yd dqHd − Ye elHd + Yu uqHu
(5.4)

where µu and µd have mass dimension one and the couplings λu,λd,Λu and Λd are dimen-
sionless. The soft part of the MRSSM Lagrangian includes the Dirac mass terms Lsoft,Dirac,
mass terms for the new fields S,T ,O and Ru,Rd alongside MSSM like mass terms for squarks
and sleptons and Higgs soft masses and a bilinear Bµ-term [12]

Lsoft =
[
MD

B

(
B̃S̃ −

√
2DBS

)
+MD

W

(
W̃ aT̃ a −

√
2Da

WT
a
)

+MD
g

(
g̃aÕa −

√
2Da

gO
a
)

+ h.c.
]

+
[
Bµ

(
H0

dH
0
u −H−

d H
+
u

)
+ h.c.

]
−m2

Hd

(
|H0

d |2 + |H−
d |2
)
−m2

Hu

(
|H0

u|2 + |H+
u |2
)

−m2
Rd

(
|R0

d|
2 + |R+

d |2
)
−m2

Ru

(
|R0

u|
2 + |R−

u |2
)

−m2
S |S|2 −m2

T |T 0|2 −m2
T |T−|2 −m2

T |T+|2 −m2
O|O|2

− d̃∗L,i (m
2
q)ij d̃L,j − d̃∗R,i (m

2
d)ij d̃R,j − ũ∗L,i (m

2
q)ij ũL,j − ũ∗R,i (m

2
u)ij ũR,j

− ẽ∗L,i (m
2
l )ij ẽL,j − ẽ∗R,i (m

2
e)ij ẽR,j − ν̃∗L,i (m

2
l )ij ν̃L,j .

(5.5)

In total, the MRSSM Lagrangian is given as

LMRSSM = LSUSY + Lsoft, (5.6)

where LSUSY is obtained in the same way as for the MSSM by incorporating the new fields in
the matter kinetic terms according to their gauge transformation properties shown in Table 5.2
and plugging the superpotential W (5.4) into (3.38).

5.2. Higgs sector of the MRSSM

The MRSSM has a larger Higgs sector than the MSSM. Since SU(2)L × U(1)Y
SSB−−−→ U(1)e

is the same breaking in the MRSSM as in the MSSM and the SM, states with the same
electric charge, spin and color mix. This means that the neutral, CP even Higgses do not
only consist of φu and φd, but S and T 0 need to be taken into account as well. The following
parametrization is chosen for the neutral components

H0
d = 1√

2
(vd + φd + iσd), H0

u = 1√
2
(vu + φu + iσu),

S = 1√
2
(vs + φs + iσs), T 0 = 1√

2
(vt + φt + iσt).

(5.7)

As in the case of the MSSM (4.5), the contributions to the Higgs sector are made up of F -,
D- and soft-terms

LD
Higgs = −1

2

(
H†

dgT
aHd +H†

ugT
aHu + T ′†bgT abc

adj T
′c +

√
2MD

W

(
T ′a + T ′†a

))2

− 1
2

(
H†

dg
′YHd

Hd +H†
ug

′YHuHu +
√

2MD
B

(
S + S†

))2

LF
Higgs = −|−µuHu − ΛuTHu − λuSHu|2

+ u→ d

LSB
Higgs = −m2

S |S|2 −m2
T

(
|T 0|2 + |T+|2 + |T−|2

)
+
[
Bµ

(
H0

dH
0
u −H−

d H
+
u

)
+ h.c.

]
.

(5.8)
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The Higgs potential is defined by as the negative of these terms, while the electroweak part
which includes only the neutral fields V EW is given in [12] as

V EW = (m2
Hd

+ µ2
d)
∣∣H0

d

∣∣2 + (m2
Hu

+ µ2
u)
∣∣H0

u

∣∣2 −Bµ

(
H0

dH
0
u + h.c.

)
+ (m2

Rd
+ µ2

d)
∣∣R0

d

∣∣2 + (m2
Ru

+ µ2
u)
∣∣R0

u

∣∣2 +m2
T

∣∣T 0∣∣2 +m2
S |S|2

+
(
2MD

W <(T 0)
)2 − (2MD

B <(S)
)2

+
1
8
(g′2 + g2)

(∣∣H0
d

∣∣2 − ∣∣H0
u

∣∣2 − ∣∣R0
d

∣∣2 +
∣∣R0

u

∣∣2)2

−
[(
g′MD

B −
√

2λdµd
)√

2<(S) −
(
gMD

W + Λdµd
)√

2<(T 0) −
∣∣∣λdS + 1√

2
ΛdT

0
∣∣∣2] ∣∣H0

d

∣∣2
+
[(
g′MD

B −
√

2λuµu
)√

2<(S) −
(
gMD

W + Λuµu
)√

2<(T 0) +
∣∣∣λuS − 1√

2
ΛuT

0
∣∣∣2] ∣∣H0

u

∣∣2
+
[(
g′MD

B +
√

2λdµd
)√

2<(S) −
(
gMD

W − Λdµd
)√

2<(T 0) +
∣∣∣λdS + 1√

2
ΛdT

0
∣∣∣2] ∣∣R0

d

∣∣2
−
[(
g′MD

B −
√

2λuµu
)√

2<(S) −
(
gMD

W − Λuµu
)√

2<(T 0) −
∣∣∣λuS − 1√

2
ΛuT

0
∣∣∣2] ∣∣R0

u

∣∣2
+
(
λ2
d + 1

2Λ
2
d

) ∣∣H0
dR

0
d

∣∣2 +
(
λ2
u + 1

2Λ
2
u

) ∣∣H0
uR

0
u

∣∣2
−
(
λdλu − 1

2ΛdΛu

) (
H0

dR
0
dH

0†
u R

0†
u + h.c.

)
(5.9)

Tadpole equations of the MRSSM are derivatives of the potential V EW with respect to the
neutral fields

td =
∂V EW

∂φd

∣∣∣∣
all fields = 0

= vd

[
1
8(g′2 + g2)(v2

d − v2
u) − g′MD

B vS + gMD
W vT +m2

Hd
+ (µeff,+

d )2
]
− vuBµ ,

tu =
∂V EW

∂φu

∣∣∣∣
all fields = 0

= vu

[
1
8(g′2 + g2)(v2

u − v2
d) + g′MD

B vS − gMD
W vT +m2

Hu
+ (µeff,−

u )2
]
− vdBµ ,

tt =
∂V EW

∂φt

∣∣∣∣
all fields = 0

= 1
2gM

D
W (v2

d − v2
u) + 1

2Λdv
2
dµ

eff,+
d − Λuv

2
uµ

eff,−
u + 4(MD

W )2vT +m2
T vT ,

ts =
∂V EW

∂φs

∣∣∣∣
all fields = 0

= 1
2g

′MD
B (v2

u − v2
d) + 1√

2
λdv

2
dµ

eff,+
d + λuv

2
uµ

eff,−
u + 4(MD

B )2vS +m2
SvS ,

(5.10)

where the useful abbreviations µeff ,±,0
i are defined as [12]

µeff,±
i = µi +

λivS√
2

± ΛivT
2

, µeff,0
i = µi +

λivS√
2

, i = u, d. (5.11)

The minimization of V EW at tree level is ensured by

0 = td = tu = tt = ts (5.12)
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6. Intermezzo: Perturbative
Techniques for Matrix
Diagonalization

The transfer from gauge to mass eigenstates is crucial in order to make predictions about
the masses and couplings of particles. The diagonalization of the mass matrix of the CP
even neutral Higgses in the MSSM (4.10) admits a simple treatment mainly because it is
a 2x2 matrix. In the MRSSM, the situation is more challenging for most mass matrices
because of the increase in dimension and the number of parameters of the model. While exact
diagonalization is sometimes still possible, the results are mostly intractable. This chapter
introduces perturbative methods that systematically obtain eigenvalues and eigenvectors up
to a desired accuracy while retaining transparency and analytic control.

6.1. Setup

MRSSM scalar mass matrices in the CP conserving case are real and symmetric matrices M2.
The masses of the physical particles are the respective eigenvalues of M2. For Fermions, the
same argumentation holds for MTM . A real and symmetric matrix M2 can be orthogonally
diagonalized.

∃U ,D such that UTM2U = D (6.1)

Where U−1 = UT and D = diag(m2
1, . . . ,m

2
n). U is the matrix of the normalized eigenvectors,

and m2
i are the eigenvalues of M2. The analytical determination of the eigenvalues and

eigenvectors of M2 is cumbersome and yields expressions that are not easily interpreted.
Perturbative techniques provide a more manageable approach. In the MRSSM, mass matrices
can be systematically organized according to the parameter ε = v/MSUSY.

M2 = M2
0︸︷︷︸

∼ε0

+ M2
1︸︷︷︸

∼ε

+ M2
2︸︷︷︸

∼ε2

(6.2)

Interesting regions of the parameter space allow for ε around the neighborhood of 0 and if the
eigenvectors and eigenvlaues are analytic in ε, the following ansatz for U and D can be made

U = U0(1 + ∆1︸︷︷︸
∼ε

+ ∆2︸︷︷︸
∼ε2

+...) with UT
0 U0 = 1 (6.3)

D = D0 + D1︸︷︷︸
∼ε

+ D2︸︷︷︸
∼ε2

+... (6.4)
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Finding the eigenvalues and eigenvectors breaks down to solving the following matrix equations
order by order in ε

1 = UTU ⇔ 1 =
(
1 + ∆T

1 + ...
)
UT

0 U0 (1 + ∆1 + ...) (6.5)

UTM2U = D ⇔
(
1 + ∆T

1 + ...
)
UT

0
(
M2

0 +M2
1 +M2

2 + ...
)
U0 (1 + ∆1 + ...)

= D0 +D1 +D2 + ...
(6.6)

6.2. Distinct eigenvalue case

In the following, the leading order calculation as well as relevant formulae up to third order
corrections will be discussed explicitly.

6.2.1. Leading order calculation

At leading order, (6.5) and (6.6) are solved at O(ε0). This breaks down to orthogonally
diagonalizing M2

0
UT

0 M
2
0U0 = D0 with UT

0 U0 = 1 (6.7)

6.2.2. First order correction

At O(ε1), equation (6.5) yields

0 = ∆T
1 + ∆1

⇔ (∆1)ij =− (∆1)ji ∧ (∆1)ii = 0
(6.8)

Equation (6.6) at this order gives

UT
0 M

2
0U0∆1 + UT

0 M
2
1U0 + ∆T

1 U
T
0 M

2
0U0 = D1 (6.9)

Equations (6.8) and (6.9) provide enough information to uniquely determine ∆1.

6.2.3. Second order correction

At O(ε2), equation (6.5) results in

0 = ∆T
2 + ∆T

1 ∆1 + ∆2 (6.10)

Equation (6.6) leads to

UT
0 M

2
0U0∆2 + UT

0 M
2
1U0∆1 + UT

0 M
2
2U0

+ ∆T
1 U

T
0 M

2
0U0∆1 + ∆T

1 U
T
0 M

2
1U0 + ∆T

2 U
T
0 M

2
0U0 = D2

(6.11)

6.2.4. Third order correction

At O(ε3), equation (6.5) reads

0 = ∆T
3 + ∆T

1 ∆2 + ∆T
2 ∆1 + ∆3 (6.12)

And equation (6.6) produces the following

UT
0 M

2
0U0∆3 + UT

0 M
2
1U0∆2 + UT

0 M
2
2U0∆1 + ∆T

1 U
T
0 M

2
0U0∆2 + ∆1U

T
0 M

2
1U0∆1

+ ∆T
1 U

T
0 M

2
2U0 + ∆T

2 U
T
0 M

2
0U0∆1 + ∆T

2 U
T
0 M

2
1U0 + ∆T

3 U
T
0 M

2
0U0 = D3

(6.13)
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6.3. Degenerate eigenvalue case

Since M2 is real and symmetric, it has a full set of eigenvectors. If the spectrum of M2 is
degenerate, each eigenvalue has the same algebraic and geometric multiplicity. Because of
(6.2), M2

0 also inherits these properties.
In the following, we consider the case that M2

0 has a degenerate eigenvalue m2
0, with the

geometric multiplicity m by assuming the following structure

M2
0 =

(
M2

01 0
0 M2

02

)
=

(
m2

01m×m 0
0 M2

02

)
(6.14)

6.3.1. Leading order calculation

In order to diagonalize M2
0 , U0 has the following structure

U0 =

(
U01 0
0 U02

)
with UT

01
U01 = 1m×m, UT

02
U02 = 1 (6.15)

A key difference to the non-degenerate case is that U01 has an the degree of freedom of an
orthogonal m×m-matrix V due to the diagonal structure of M2

01.

U01 → V U01 (6.16)

UT
01
M2

01U01 = m2
0 U

T
01
U01 = m2

0 (V U01)
TV U01 = m2

01m×m (6.17)
In other words, unlike in the non-degenerate case, U01 is not uniquely determined in the
leading order calculation.

6.3.2. First order correction

At O(ε1), due to equation (6.8), ∆1 and M2
1 have the following block structure

∆1 =

(
(∆1)11 (∆1)12
−(∆1)12 (∆1)22

)
M2

1 =

(
(M2

1 )11 (M2
1 )12

(M2
1 )21 (M2

1 )22

)
(6.18)

Consider now only the 11-block of equation (6.9) in order to analyze the degeneracy

UT
01
M2

01U01(∆1)11︸ ︷︷ ︸
m2

01m×m(∆1)11

+UT
01

(M2
1 )11U01 +

(
UT

01
M2

01U01(∆1)11
)T︸ ︷︷ ︸

m2
01m×m(∆1)T11

= (D1)11

⇔ m2
0
(
(∆1)11 + (∆1)T11

)︸ ︷︷ ︸
(6.8)
= 0

+UT
01

(M2
1 )11U01 = (D1)11

⇔ UT
01

(M2
1 )11U01 = (D1)11

(6.19)

At leading order, U01 remained undetermined due to the degeneracy of (M2
0 )11. Equation

(6.19) addresses this ambiguity by uniquely fixing U01 . Terms involving (∆1)11 neatly drop
out due to the orthogonality condition (6.8) and are determined at O(ε2). This confirms the
result from section 3.2 in [5]

6.3.3. Second order correction

The 11-block of equation (6.11) reads

m2
0
(
(∆2)11 + (∆2)T11

)︸ ︷︷ ︸
(6.10)
= −m2

0
(
(∆1)T11(∆1)11+(∆1)T12(∆1)12

)
+m2

0(∆1)T11(∆1)11 + (∆1)T12(D0)22(∆1)12

+ (D1)11(∆1)11 + (∆1)T11(D1)11 − UT
01

(M2
1 )12U02(∆1)12 − (∆1)T12U

T
02

(M2
1 )21U01

+ UT
01

(M2
2 )11U01

(6.20)
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Again, the second order contributions (∆2)11 drop out because of the orthogonality constraint
(6.10) at O(ε2), enabling the determination of (∆1)11. Note that it is required for (∆1)11 to
have distinct entries, otherwise the combination (D1)11(∆1)11 + (∆1)T11(D1)11 drops out of
(6.20).

6.3.4. Higher order corrections

At order O(εn) the orthogonality constraint (6.5) produces in the 11-block

0 = (∆n)T11 + (∆n)11 + . . . (6.21)

At order O(εn) the 11-block of equation (6.6) only includes terms involving (∆n)11 of the form

UT
01

(M2
0 )11U01(∆n)11 + (∆n)T11U

T
01

(M2
0 )11U01 = m2

0
(
(∆n)T11 + (∆n)11

)
(6.22)

The combination (∆n)T11 +(∆n)11 in equation (6.22) can be replaced by using equation (6.21)
with terms not involving (∆n)11, allowing for a determination at O(εn+1).
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7. Tree level Higgs self couplings in
the MRSSM

Since the MRSSM is a relatively large model, only a subset of its parameter space is considered
in order to investigate the impact of specific parameters in a clear way. Throughout this
thesis, only the CP-conserving case is considered, where all parameters are assumed to be
real. Further assumptions are specifically in the following tree level discussion. These will be
partly dropped in the one loop analysis.

7.1. The mass of the lightest Higgs

The main difference to the MSSM is that, as described in section 5.2, the CP even neutral
states φd and φu are complemented by φs and φt. The following assumptions upon the
MRSSM specific parameters are made throughout this chapter [12]

λ = λu = −λd , Λ = Λu = Λd , µu = µd = µ , vS ≈ vT ≈ 0. (7.1)

The relations between the λu,d and Λu,d are motivated by N=2 SUSY relations between the
Higgs- and R Higgs-supermultiplets. The assumption vT ≈ 0 is justified by phenomenology
since in the MRSSM the ρ̂ parameter is shifted at tree level ρ̂tree = 1 + 4v2

T
v2 [12]. vS ≈ 0 at

tree level is ensured by large adjoint masses m2
S ,m2

T . This will not be the case in scenarios
with light scalars as discussed in [11] and [17].
The tree level mass matrix of the MRSSM respects the tree-level tadpole conditions (5.12).
Assuming (7.1), it reads

M2 =


m2

Zc
2
β +m2

As
2
β −(m2

Z +m2
A)sβcβ −vd(

√
2λµ+ g1M

D
B ) vd(Λµ+ g2M

D
W )

−(m2
Z +m2

A)sβcβ m2
Zs

2
β +m2

Ac
2
β vu(

√
2λµ+ g1M

D
B ) −vu(Λµ+ g2M

D
W )

−vd(
√

2λµ+ g1M
D
B ) vu(

√
2λµ+ g1M

D
B ) 4(MD

B )2 +m2
S + λ2v2

2 −λΛv2

2
√

2
vd(Λµ+ g2M

D
W ) −vu(Λµ+ g2M

D
W ) −λΛv2

2
√

2
4(MD

W )2 +m2
T + Λ2v2

4

 ,

(7.2)
where m2

Z and m2
A are as defined in (4.9). The upper left 2x2 component of (7.2) describes the

mixing between φu and φd is the same as in the MSSM (4.10). In order to obtain eigenvalues
and the rotation matrix U , perturbative diagonalization is applied as described in section A.2.
The lightest eigenvalue of (7.2) is up to O(ε2)

(
m0

h

)2
= m2

Z cos2(2β) − v2

((
g1M

D
B +

√
2λµ

)2
4(MD

B )2 +m2
S

+
(
g2M

D
W + Λµ

)2
4(MD

W )2 +m2
T

)
cos2(2β) (7.3)
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which is confirmed by eq. (2.20) in [12]. This important result contains the MSSM result in
the first term (4.15) and an MRSSM specific correction which reduces the Higgs mass, shifting
the focus even further on loop corrections in order to achieve the experimentally measured
Higgs mass.
In Figure 7.1, the analytical result (7.2) is compared to the numerical determination of the
eigenvalues of (7.2). The error is defined by the second lightest SUSY mass of BMP3, which
is defined in Appendix B. The obtained Higgsmass (7.3) provides a suitable approximation
of the tree level Higgs mass.

Figure 7.1.: Comparison between the analytical eigenvalue and numerical diagonalization.

7.2. The trilinear coupling of the lightest Higgs

The trilinear coupling in gauge eigenstates reads

V EW
∣∣
φiφjφk

=
1
8
(φd − φu)(φd + φu)

(
g′2vdφd + g2vdφd − 4g′MD

B φs + 4gMD
Wφt − (g′2 + g2)vuφu

)
+

1
4

{
2Λµφt(φd − φu)(φd + φu) +

(
2λ2φ2

s + Λ2φ2
t

)
(vdφd + vuφu)

− 2
√

2λφs
(
µ(φd − φu)(φd + φu) + Λφt(vdφd + vuφu)

)}
,

(7.4)

where the first line arises from D-term- and the last two lines from F -term-contributions.
The D-terms include the MSSM result alongside contributions from (5.1). The relationship
between the gauge- and mass-eigenstates is established via the rotation matrix U which has
been obtained by diagonalizing M2 in section A.2. The mixing at leading order in the ε-
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expansion for the SM-like state is given by

φd ∼ cos (β)h+ O(ε2)

φu ∼ sin (β)h+ O(ε2)

φs ∼
v
(
g′MD

B +
√

2λµ
)
cos(2β)

4(MD
B )2 +m2

S

h+ O(ε3)

φt ∼ −
v
(
gMD

W + Λµ
)
cos(2β)

4(MD
W )2 +m2

T

h+ O(ε3)

(7.5)

The tree level trilinear coupling λ0
hhh of the lightest Higgs in the MRSSM is

λ0
hhh =

∂3V EW

∂h3 =
3
4
v

(
g′2 + g2 − 4

(
(g′MD

B +
√

2λµ)2

4(MD
B )2 +m2

S

+
(gMD

W + Λµ)2

m2
T + 4(MD

W )2

))
cos2(2β)+O(ε2)

(7.6)
This result is in first order in the perturbative diagonalization and directly corresponds to the
decoupling limit. The relation to the mass (7.3) in the decoupling limit is the same as in the
SM

λ0
hhh =

3
(
m0

h

)2
v

. (7.7)

In Figure 7.2, κλ is plotted w.r.t. the parameter λu = λ using (7.6). The MSSM limit is
defined by (4.19). The plot showcases the impact of the strictly negative corrections unique
to the MRSSM and emphasizes the importance of the one loop corrections.

Figure 7.2.: Comparison between κλ in the MRSSM and MSSM for BMP3.

7.3. The quartic coupling of the lightest Higgs

The quartic coupling is obtained in the same fashion as the trilinear coupling. In gauge
eigenstates it reads

V EW
∣∣
φiφjφkφl

=
1
32
(
g′2 + g2) (φ2

d − φ2
u

)2
+

1
8

(
2λ2φ2

s + Λφt

(
Λφt − 2

√
2λφs

)) (
φ2
d + φ2

u

)
,

(7.8)
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7. Tree level Higgs self couplings in the MRSSM

Where the first line arises from D-term- and the second line from F -term-contributions. In
mass eigenstates, the quartic coupling of the lightest Higgs reads

λ
(0)
hhhh =

∂4V EW

∂h4 =
3
4
(
g′2 + g2) cos2(2β) + O(ε2) (7.9)

This expression corresponds to the decoupling limit but it does not fulfil the expected SM
relation

λ0
hhhh =

3
(
m0

h

)2
v2 . (7.10)

In order to achieve the correct result, the four point h function needs to be properly matched
at tree level. Matching is a very powerful and popular procedure in the context of Effective
Field Theory (EFT) and can be applied if a theory has heavy and light degrees of freedom,
as the MRSSM does. The key steps are outlined here, a full derivation can be found in [24].
Consider the process hh → hh via one of the heavy Higgses X = H,Hs,Ht at tree level and
assume the external momenta p1, p2, p3, p4 are small in comparison to their mass. Since the

p1

X

p3p2

p4
h

λX λX

hh

h

=
−iλ2

X

(p1+p2)
2−M2

X

Figure 7.3.: hh→ hh via exchange of a heavy scalar X.

process happens at low energy, the propagator of the heavy particle X can be Taylor-expanded
as

i

(p1 + p2)
2 −M2

X

=
−i
M2

X

[
1 +

(p1 + p2)
2

M2
X

+
(p1 + p2)

4

M4
X

+ . . .

]
. (7.11)

Calculating the diagram in Figure 7.3 while approximating the propagator of the heavy interal
particle by (7.11) generates a polynomial expression in the momenta pi. Since polynomial in
momentum space correspond to local interactions, these terms can be neatly interpreted as
vertices in an effective theory without the heavy particles. The procedure of calculating
these interactions and mapping them upon an effective theory up to a desired order is called
matching.
Since the considered process hh→ hh is described by a dimension 4 operator h4, it is possible
that in the decoupling limit where the propagator mass MX tends to infinity the contribution
of the diagram tends to a constant. This is the case if the dimensionful trilinear coupling
λX ∼ MSUSY. The couplings between the lightest state h and the heavy states Hs and Ht is
obtained by the perturbative diag and reads in leading order

h

h

Hs = −i
(
g′MD

B +
√

2λµ
)
cos(2β)

Figure 7.4.: Trilinear coupling h2Hs.
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h

h

Ht = i
(
gMD

W + Λµ
)
cos(2β)

Figure 7.5.: Trilinear coupling h2Ht.

In section 4.5, the decoupling behaviour of the MSSM quartic Higgs has been investigated.
In the MSSM case, there are no contributions from an intermediate H in the decoupling limit
since the quartic coupling arises strictly from D-terms which are ∼ v. This behaviour is
replicated by the MRSSM.

h

h

H ∼ v

Figure 7.6.: Trilinear coupling h2H.

The matching in the decoupling limit can be expressed diagramatically by

h

h

h

h︸ ︷︷ ︸
3
4 (g

′2+g2) cos2(2β)

Hs

h

h h

h︸ ︷︷ ︸
−

3
(
g′MD

B
+
√

2λµ
)2

4(MD
B

)2+m2
S

cos2(2β)

+
Ht

h

h h

h︸ ︷︷ ︸
−

3
(
gMD

W
+Λµ

)2

m2
T

+4(MD
W

)2
cos2(2β)

=

h

h

h

h︸ ︷︷ ︸
3
(
m0

h

)2

v2

(7.12)
where the proper decoupling relation for the quartic coupling arises (7.10). The factor 3 for
the Hs and Ht diagrams arises from the inclusion of s, t and u channel diagrams in (7.12).

35



8. Effective potential in the MRSSM

8.1. Formal setup and introduction of the effective potential

8.1.1. Generating Functionals

The following chapter introduces key concepts and notions connected to the effective poten-
tial. Derivations will be based on [25] and [21] but do not strive for completeness.
Green functions are core objects in QFT and therefore many powerful tools have been devel-
oped in order to study their properties. The generating functional Z[J ] is specified by the
Lagrangian L and introduces classcial sources J for all quantum fields of the theory.

Z[J ] =
∫

Dφei
∫
(L+Jφ) = 〈Ω|T ei

∫
JΦ|Ω〉 (8.1)

Where Φ denotes the field operator in the Heisenberg picture and |Ω〉 describes the vacuum
of the interacting theory. Taking derivatives of Z[J ] wrt. J allows to generate n-point Green
functions.

δnZ[J ]
δiJ(x1)...δiJ(xn) |J=0

Z[0]
= G̃(n) (x1, . . . ,xn) = (8.2)

Dividing by Z[0] cancels out vacuum diagrams. Expanding Z[J ] in powers of J leads to a
representation in terms of the Green functions.

Z[J ] =
∫

Dφ ei
∫
(L+Jφ) =

∞∑
n=0

in

n!

∫
Dφ ei

∫
L
∫
d4x1 . . . d

4xn J(x1)φ(x1) . . . J(xn)φ(xn)

=

∞∑
n=0

in

n!

∫
d4x1 . . . d

4xn J(x1) . . . J(xn)G(n) (x1, . . . ,xn)

(8.3)

A particularly interesting subset of all Green functions are connected graphsG(n)
c (x1, . . . ,xn).The

generating functional W [J ] which generates G(n)
c (x1, . . . ,xn) is connected to Z[J ] by the ex-

ponential function.
Z[J ] = eiW [J ] ⇔W [J ] = −i log(Z[J ]) (8.4)

Again the expansion of W [J ] reveals the representation in terms of the G(n)
c (x1, . . . ,xn)

iW [J ] =
∞∑
n=0

in

n!

∫
d4x1 . . . d

4xnJ(x1) . . . J(xn)G(n)
c (x1, . . . ,xn) (8.5)
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Using W [J ], field expectation values can be expressed as

φvac = 〈φ〉 = 〈Ω|Φ|Ω〉 = δW

δJ

∣∣∣∣
J=0

φcl = 〈φ〉J =
δW

δJ

(8.6)

8.1.2. The Effective Action

The effective action Γ(φcl) is introduced as the Legendre transformation of W [J ] via a mapping
between φcl and the sources J

Γ(φcl) = W [J ] −
∫
Jφcl

∣∣∣∣
φcl=

δW
δJ

(8.7)

On the level of Green functions the effective action Γ(φcl) generates One Particle Irreducible
(1PI) graphs Γ(n) (x1, . . . ,xn). Analogous to (8.3) and (8.5) Γ(φcl) may also be expanded.

Γ(φcl) =
∞∑
n=0

1
n!

∫
d4x1 . . . d

4xnφcl(x1) . . . φcl(xn)Γ(n) (x1, . . . xn) (8.8)

Γ(φcl) can be interpreted as a generalization of the action S incorporating quantum effects.
Therefore Γ(φcl) evaluated at constant values of φcl generalizes the notion of a potential. In
momentum space, Γ(n) (x1, . . . ,xn) transforms as follows

Γ(n) (x1, . . . ,xn) =
∫

d4p1

(2π)4
. . .

d4pn
(2π)4

e−ix1p1 . . . e−ixnpn δ(4)(p1 + · · · + pn)Γ(n) (p1, . . . , pn)

(8.9)
Where the δ(4)(p1 + · · · + pn) corresponds to momentum conservation. Evaluating (8.8) at
constant field values φccl which correspond to vanishing field momentum, the effective potential
Veff(φccl) is defined as in [21] as

Veff(φccl) = −
∞∑
n=0

1
n!

(φccl)
nΓ(n) (pi = 0) (8.10)

8.1.3. Computing Veff

(8.10) states that obtaining Veff is a matter of computing 1PI Green functions with vanishing
momentum. Utilizing derivatives of Γ(φcl) reduces the computation to a subset of 1PI graphs
[25].

δΓ

δφcl

∣∣∣∣
φcl=φc

cl

= −∂Veff
∂φcl

= (−i) (8.11)

In practice, the 1PI tadpole graphs are determined by going to a shifted theory with arbitrary
but constant φccl. Veff is then obtained up to a constant by integrating (8.11). Performing
the sum over all one loop diagrams, the effective potential is given by the Coleman-Weinberg
potential [8] [16] as

V 1l
eff =

1
64π2

∑
n

(−1)2snxn
(
m2

n

)2 [log
(
m2

n

Q2

)
− cn

]
(8.12)

Where the sum is performed over the possible particles with masses m2
n, spin sn and xn

degrees of freedom (e.g. color, particle/antiparticle, charge). Q is the renormalization scale
and cn must be choosen according to regularization and renormalization scheme. In SUSY
theories the DR scheme is a convenient choice that leads to cn = 3

2 [20].
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8.2. The one loop effective potential in the MRSSM

The one loop effective potential of the MRSSM can be conveniently calculated using the
Coleman Weinberg potential (8.12). In this work, an emphasis is put on the contributions
that involve distinguishing features of the MRSSM. All calculations are carried out in Landau
gauge.

• CP-even neutral scalars: The fields (φd, φu, φs, φt) mix into four physical states via
the 4 × 4 mass matrix M2

H0 .

• CP-odd neutral scalars: The fields (σd, σu, σs, σt) mix into three physical states and
one massless Goldstone boson G0 (at tree level) via the 4 × 4 matrix M2

A.

• Charged Higgses: The fields
((
H−

d

)† , H+
u , (T−)

† , T+
)

and their hermitian conju-
gates mix into three physical states and one massless Goldstone boson G± (at tree level)
via the mass matrix M2

H± .

• Neutral R-Higgses: The fields
(
R0

d, R
0
u

)
mix via the 2 × 2 mass matrix M2

R.

• Charged R-Higgses: The fields R+
d , R−

u do not mix due to R-symmetry.

• Charginos: The eight charged fermions in the weak basis separate into two subma-
trices that make up χ+ and ρ− Dirac-charginos. The fields

(
T̃−, H̃−

d

)
and

(
W̃+, R̃+

d

)
constitute the χ+ charginos with the 2×2 mass matrix Mχ+ . The fields

(
W̃−, R̃−

u

)
and(

T̃+, H̃+
u

)
constitute the ρ− charginos with the 2 × 2 mass matrix Mρ− .

• Neutralinos: The eight neutral fermion fields
(
B̃, W̃ 0, R̃0

d, R̃
0
u

)
and

(
S̃, T̃ 0, H̃0

d , H̃0
u

)
constitute physical Dirac-neutralinos that mix in a 4 × 4 mass matrix Mχ.

• top-quark & stop: Because of the size of the top yukawa coupling, contributions
from the top-quark and stop are included. They are especially important in the MSSM.
The impact of the absence of the squark mixing terms on the mass is investigated in
chapter 9.

8.3. Setup of the analytical calculation

Obtaining an analytical expression for (8.12) requires calculating the eigenvalues of scalar
mass matrices m2

S or squared fermion mass eigenvalues mT
FmF for the contributions listed

above. The method of perturbative diagonalization is applied in order to allow for analytical
control and maintains transparency in the structure of the results.
Apart from the top-quark, which mass is directly given by the vev, the masses m2 of all
contributions listed in section 8.2 are of the form

m2 = m2
SUSY +

n∑
i=1

c2i

(
vj

mSUSY

)i

, (8.13)

where ci can be any dimensionful parameter of the theory and is determined by perturbative
diagonalization. n is the order up to which the perturbative diagonalization has been carried
out. (8.13) allows to expand log

(
m2

Q2

)
for vj/mSUSY → 0. Therefore V CW is a polynomial

in vj . Expanding V CW beyond v4
j introduces terms that are supressed by factors of mSUSY

because of the dimension of the potential, e.g. v6
j /m

2
SUSY. Including dimension-6 terms
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8. Effective potential in the MRSSM

is particularly interesting since they directly change the relationship between the trilinear
coupling and the mass. It is important to note that the inclusion of the top-quark changes
the potential non-trivially, since its mass is mt = ytv/

√
2 and therefore log

(
m2

t
Q2

)
cannot be

expanded into a polynomial in v.
In order to demonstrate this, consider a toy model containing one scalar field h with the
associated vev v and the following potential

Vtoy model = µ2(h+ v)2 + λ(h+ v)4 +
c6(h+ v)6

m2
SUSY

− 3y4
t (h+ v)4

64π2 log
(
y2
t (h+ v)2

2Q2

)
(8.14)

Where Vtoy model can be interpreted as a potential containing tree level and one loop correc-
tions, such that µ2 =

(
µ(0))2 +

(
µ(1))2 and λ = λ(0) + λ(1). The last term arises from the

one loop correction from the top quark. After imposing tadpole equations and calculating the
mass m2

h and the trilinear λhhh, their relationship deviates from λhhh =
3m2

h
v . The mismatch

is
3m2

h

v
− λhhh =

3vy4
t

4π2 − 48 c6 v3

Λ2 (8.15)

This relation states that non trivial effects in the trilinear and subsequently κλ can be achieved
by studying c6. This relation can be carried over to the MRSSM.
After obtaining the Coleman Weinberg potential V CW , the loop corrected quantities can be
derived from the corrected potential V ,

V = V (0) + V CW . (8.16)

In order to take derivatives of V w.r.t. the fields φj , the vacuum expectation values can be
expanded as vj → vj + φj . Tadpole equations are needed in order to ensure the evaluation at
the shifted minimum. They are obtained by the first derivatives of V

Td =
∂V

∂φd

∣∣∣∣
all fields = 0

= t
(0)
d + t

(1)
d ,

Tu =
∂V

∂φu

∣∣∣∣
all fields = 0

= t(0)
u + t(1)

u ,

Tt =
∂V

∂φt

∣∣∣∣
all fields = 0

= t
(0)
t + t

(1)
t ,

Ts =
∂V

∂φs

∣∣∣∣
all fields = 0

= t(0)
s + t(1)

s ,

(8.17)

where the t(0)
i are the tree level tadpole equations as in (5.10). The one loop minimum is

ensured by
0 = Td = Tu = Tt = Ts. (8.18)

In this work, the tadpole equations of the MRSSM at one loop have been solved perturbatively
in terms of the loop factor κ. This procedure is described in subsection 8.3.1 for a simplified
model including two scalar fields.
The calculation of the mass and higher order Higgs self couplings is obtained by calculating
derivatives of the corrected potential V in the one loop minimum. The one loop corrected
mass matrix reads (

M
(1l)
H0

)2

ij
=

∂V 2

∂φi∂φj

∣∣∣∣
all fields = 0; 1lmin

. (8.19)

In order to obtain corrected self couplings of physical Higgs states, the one loop corrected
mass matrix

(
M

(1l)
H0

)2
needs to be diagonalized by an orthogonal matrix U , containing the

mixings between the gauge and mass eigenstates.
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8. Effective potential in the MRSSM

8.3.1. Perturbative treatment of Tadpole equations

Up to this point the expansion in orders of ε = v/MSUSY has been employed to obtain
perturbative results on the level of eigenvalues and rotation matrices. Going beyond tree level
calculations introduces another expansion parameter κ which appears in terms of loop orders.
As an example, all quantities which are obtained from the Coleman-Weinberg potential (8.12)
are (at least) suppressed by 1

64π2 . Consider the following setup of a theory with two scalar
fields φ, ϕ and a potential V composed of a tree level (zero order) part V (0) and a one loop
part V (1) where the loop factor κ has been explicitly factored out.

V = V (0) + κV (1) (8.20)

Tadpole equations that depend on the fields and model specific parameters (λ1, . . . ,λn) di-
rectly inherit the property of (8.20)

Tφ(λ1, . . . ,λn) =
∂V

∂φ
= T

(0)
φ (λ1, . . . ,λn) + κT

(1)
φ (λ1, . . . ,λn)

Tϕ(λ1, . . . ,λn) =
∂V

∂ϕ
= T (0)

ϕ (λ1, . . . ,λn) + κT (1)
ϕ (λ1, . . . ,λn)

(8.21)

At the minimum of the potential the tadppole equations vanish

∂V

∂φ

∣∣∣∣
φ=vφ,ϕ=vϕ

=
∂V

∂ϕ

∣∣∣∣
φ=vφ,ϕ=vϕ

= 0 ⇔ Tφ(λ1, . . . ,λn) = Tϕ(λ1, . . . ,λn) = 0 (8.22)

(8.21) then reduce to algebraic equations that relate the parameters to each other. Assume
that the tadpole equations at the minumum are solved for λi and λj . (8.21) justifies the
following Ansatz

λi = λ
(0)
i + κλ

(1)
i + O(κ2)

λj = λ
(0)
j + κλ

(1)
j + O(κ2)

(8.23)

An order by order solution in κ is obtained by plugging (8.23) into (8.21) and performing a
Taylor expansion. The resulting system of equations needs to vanish order by order in κ and
therefore allows to determine the solutions of λi,j .

0 =T
(0)
φ (λ1, . . . ,λ

(0)
i ,λ(0)j , . . . ,λn) + κ

T (1)
φ (λ1, . . . ,λ

(0)
i ,λ(0)j , . . . ,λn) +

∑
l=i,j

∂T
(0)
φ

∂λl

∣∣∣∣∣∣
λl=λ

(0)
l

λ
(1)
l


0 =T (0)

ϕ (λ1, . . . ,λ
(0)
i ,λ(0)j , . . . ,λn) + κ

T (1)
ϕ (λ1, . . . ,λ

(0)
i ,λ(0)j , . . . ,λn) +

∑
l=i,j

∂T
(0)
ϕ

∂λl

∣∣∣∣∣
λl=λ

(0)
l

λ
(1)
l


(8.24)

8.4. Numerical implementation

The analytical setup described in section 8.3 is realized under several sets of of assumptions in
chapter 9. To validate the analytical implementations, the effective potential calculation has
also been carried out within a numerical framework in Mathematica that relies on minimal
assumptions. By specifying numerical values of the input parameters while keeping the fields
φd, φu, φs φt as variables, derivatives of the potential are calculated by utilizing the routine
ND of the package NumericalCalculus.
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9. Higgs self couplings in the MRSSM
at one loop

In chapter 7 the tree-level self couplings of the lightest, CP even neutral Higgs h have been
discussed. When considering the mass of h it is especially important to consider loop effects
since the tree level prediction of the mass in the MRSSM (7.3) is even lower than in the MSSM
(4.15).

9.1. Simplest Setup: Dimension 4 and restricted parameter
space

The first implementation of one loop corrections from the effective potential is based on the
following assumptions

(i) The parameter space restricitons of chapter 7

λ = λu = −λd , Λ = Λu = Λd , µu = µd = µ , vS ≈ vT ≈ 0. (9.1)

(ii) The mass hierarchy
mS,T �MD

B,W � µ. (9.2)

(iii) The large tanβ limit, such that the SM-like state is predominantly composed of the
φu gauge eigenstate.

(iv) The gaugeless limit g, g′ → 0 in V CW .

9.1.1. The Mass of the lightest Higgs state

The mass and self couplings of the lightest CP-even Higgs are obtained by the method as
outlined in section 8.3. The explicit form of the mass matrices with their associated eigenvalues
obtained via perturbative diagonalization can be found in section A.3. The one loop correction
to the mass of the φu-state can be split into terms involving λ and Λ denoted as ∆m2

h,λ,Λ and

41



9. Higgs self couplings in the MRSSM at one loop

terms involving the top-Yukawa coupling yt denoted as ∆m2
h,yt . They read

∆m2
h,λ,Λ =

2v2

16π2

[(
Λ2λ2

2
+

4λ4 + 4λ2Λ2 + 5Λ4

8

)
log

m2
Ru

Q2

+
(
λ4

2
− λ2Λ2

2
m2

S

m2
T −m2

S

)
log

m2
S

Q2

+
(

5
8
Λ4 +

λ2Λ2

2
m2

T

m2
T −m2

S

)
log

m2
T

Q2

−
(

5
4
Λ4 − λ2Λ2 (MD

W )2

(MD
B )2 − (MD

W )2

)
log

(MD
W )2

Q2

−
(
λ4 + λ2Λ2 (MD

B )2

(MD
B )2 − (MD

W )2

)
log

(MD
B )2

Q2

]
(9.3)

and
∆m2

h,yt =
6v2y4

t

16π2 log
(
mQ,33mU ,33

m2
t

)
(9.4)

which is in agreement with [12] and [6]. Figure 9.1a shows the impact of the one loop cor-
rection upon the mass in BMP3 (see Appendix B). As argued in [12], the MRSSM is able
to comfortably accomodate for a 125 GeV Higgsmass without requiring stop masses above 1
TeV. In order to cross-chek the the tree level- and one loop-analytical approximation, also the
same plot is produced using the numerical program and FlexibleSUSY [3] [2]. Figure 9.1b
shows in detail the predictions of the different programs. The predictions of the numerical
program and FlexibleSUSY are within a ±5% range of the analytical prediction.
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9. Higgs self couplings in the MRSSM at one loop

(a) Lightest CP even Higgsmass at tree level and one loop order

(b) Comparision of the analytical approximation with the numerical program and
FlexibleSUSY.

Figure 9.1.: Prediction of the Higgsmass and cross-checks in BMP3.

9.1.2. Trilinear Higgs coupling at one Loop order

Since the effective potential is calculated up to fourth order, no dim6 correction is included.
Therefore in the analytical setup, the trilinear is

λ
(1)
hhh =

3∆m2
h

v
− 3vy4

t

4π2 , (9.5)

where ∆m2
h = ∆m2

h,λ,Λ+∆m2
h,yt . This is in agreement with (8.15), where c6 = 0 and provides

a valuable cross-check for the analytical calculation.
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9. Higgs self couplings in the MRSSM at one loop

(a) Tree level and one loop predictions for the trilinear coupling λhhh.

(b) Comparison of the different one loop predictions.

Figure 9.2.: Predictions of the trilinear coupling at one-loop order for BMP3.

Figure 9.2a shows the impact of the one loop correction on the trilinear coupling. The
correction is of similar size as the mass correction. Alongside the analytical tree-level, one-
loop and 3m2

h
v predictions, the numerical prediction is plotted. Figure 9.2b shows the detailed

comparison of the one loop predictions. Overall good agreement is reached between the
predictions. It is important to note that Figure 9.2b clearly confirms (8.15), since the curve
for 3m2

h
v is at a constant offset above the prediction of λhhh. The question, wether the impact

of dim-6 effects can elevate λhhh above 3m2
h

v is investigated in the next section.
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9.2. Extended Setup: Dimension 6 impact analysis

Equation 8.15 provides an intriguing way to non-trivially influence the prediction of λhhh
and subsequently κλ. In order to achieve an analytical prediction that includes dim-6 effects,
the Coleman Weinberg-potential has been calculated up to v6. Therefore the perturbative
diagonalization framework was implemented to include genuine (v/mSUSY)6 effects. The as-
sumptions of section 9.1 for the one loop corrections have been loosened into the following
list, in order to allow for a less constrained investigation of the parameter space.

(i) The large tanβ limit, such that the SM-like state is predominantly composed of the
φu gauge eigenstate.

(ii) The gaugeless limit g, g′ → 0 in V CW .

Figure 9.3 shows the prediction of the Higgs mass including dim-6 terms and only including
dim-4 terms alongside the prediction of the numerical program. The inclusion of dim-6 terms
allow for an effect of several GeV.

Figure 9.3.: Comparison between the dim-6, dim-4 and numerical prediction of the Higgs
mass.

Figure 9.4 shows the comparison of the Higgs-mass predictions of the dim-6 analytical pro-
gram with the numerical program and FlexibleSUSY. Though overall agreement is established
between all predictions, both FlexibleSUSY and the numerical program make a highly non-
symmetric prediction regarding λu. This lies beyond the scope of the present work and is left
for future investigation.
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9. Higgs self couplings in the MRSSM at one loop

(a) One-loop including dim-6. (b) One loop FlexibleSUSY prediction.

(c) One-loop numerical prediction.

Figure 9.4.: Comparison of Higgs mass predictions for BMP3 depending on λu and mS

An interesting aspect in investigating the effect of the dim-6 contributions is by looking
at the decoupling behaviour. For mSUSY → ∞, the effects described by c6 need to vanish.
This implies that for finite and if allowed, rather small values of parameters ∼ mSUSY the
effect is enhanced. Considering the same parameter scan as in Figure 9.4,the same scan can
be performed on c6, which is extracted from the analytical program. Figure 9.5 shows c6
alongside ∆ = λhhh −

3m2
h

v , confirming the relation (8.15).
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9. Higgs self couplings in the MRSSM at one loop

(a) c6 scan. (b) ∆ = λhhh − 3m2
h

v scan.

Figure 9.5.: Comparison of c6 and ∆ for BMP3.

The trilinear coupling λhhh is plotted alongside κλ in Figure 9.6 for the same parameter
scan as the plots above. A particularly interesting parameter region is at low values of mS

enhanced by large values for the coupling λu. This coincides with the region where c6 is
largest, highlighting the impact of the dim-6 contributions.

(a) λhhh scan. (b) κλ scan.

Figure 9.6.: Comparison of Higgs mass predictions for BMP3 depending on λu and mS

9.3. Light Scalar Scenarios

Scenarios with a light scalar in the MRSSM have been considered in [11] and [17]. The dim-6
analytical approach allows for calculating the masses of the lightest (mh1) and next to lightest
(SM-like) Higgs (mh2) as well as their trilinear couplings. Table 9.1 shows the masses and the
trilinear coupling of the SM-like state for BMP7 and BMP8 from [17]. These results agree
reasonably with [17]. Further investigation of the light scalar scenario requires an alternative
setup of the perturbative diagonalization since mS,MB

D < v.
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9. Higgs self couplings in the MRSSM at one loop

BMP7 BMP8

mh1 90.83 96.77

mh2 134.25 132.85

λhhh 188.13 182.46

Table 9.1.: Higgs masses and trilinear coupling for BMP7 und BMP8 of [17].
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10. Conclusions and Outlook

In this thesis, the trilinear Higgs coupling in the Minimal R-symmetric Supersymmetric Stan-
dard Model has been investigated in at tree level as well as the one loop level. The MRSSM is
a theoretically appealing and phenomenologically highly motivated extension of the Standard
Model that offers a structurally very unique Higgs sector.
A central tool in this analysis has been the method of perturbative diagonalization, which
enables great analytical control in the determination of eigenvalues and eigenvectors. In chap-
ter 6, this method was systematically developed beyond leading order to account for block
degeneracies, thereby extending its applicability in scenarios with degenerate submatrices.
This allows for a very versatile and wide applicability of the method on diagonalizable (mass)
matrices as used in chapters 4, 7 and 9.
In chapter 7, the Higgs self-couplings were derived in both the gauge- and mass-eigenstates.
The resulting expressions were found to be consistent with MSSM limits and existing results
in the literature, thereby serving as a robust validation of the approach.
Furthermore, analytical one-loop corrections to the Higgs self-couplings and its mass were cal-
culated in chapter 9 at both dimension-4 and dimension-6 levels using the Coleman-Weinberg
potential. These results were confronted with a numerical implementations and cross-checked
against the FlexibleSUSY, yielding good agreement and providing a non-trivial confirmation
of the analytical framework.

While the results presented in this work provide an analytical and numerical foundation
for understanding Higgs self-coupling, they represent only a first step in exploring the full
potential of the parameter space of the MRSSM. In particular, the impact of the paremeters
unique to the MRSSM have not been fully investigated.
In summary, this thesis not only provides new insights into the Higgs sector of the MRSSM
but also develops powerful tools that can be used in investigations that extend beyond the
presented analysis.
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A. Perturbative diagonalization in
action

A.1. Tree Level Higgs Mass matrix in the MSSM

The mass Matrix M2
h reads

M2
h =

(
m2

Z cos2 β +m2
A sin2 β −(m2

A +m2
Z) cosβ sinβ

−(m2
A +m2

Z) cosβ sinβ m2
A cos2 β +m2

Z sin2 β

)
. (A.1)

M2
h can be split in the following way

M2
h

m2
SUSY

=

(
M

(0)
h

)2

m2
SUSY︸ ︷︷ ︸
∼ε0

+

(
M

(1)
h

)2

m2
SUSY︸ ︷︷ ︸
∼ε

+

(
M

(2)
h

)2

m2
SUSY︸ ︷︷ ︸
∼ε2

, (A.2)

where (
M

(0)
h

)2
=

(
m2

A sin2 β −m2
A cosβ sinβ

−m2
A cosβ sinβ m2

A cos2 β

)
,

(
M

(1)
h

)2
=

(
0 0
0 0

)
,

(
M

(2)
h

)2
=

(
m2

Z cos2 β −m2
Z cosβ sinβ

−m2
Z cosβ sinβ m2

Z sin2 β

)
.

(A.3)

U and D from (4.11) are analytic in ε. They read up to order ε2

D(0) =

(
0 0
0 m2

A

)
,

D(1) =

(
0 0
0 0

)
,

D(2) =

(
m2

Z cos (2β)2 0
0 m2

Z sin (2β)2

)
(A.4)
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A. Perturbative diagonalization in action

and

U (0) =

(
cos (β) − sin (β)
sin (β) cos (β)

)
,

U (1) =

(
0 0
0 0

)
,

U (2) =

−
m2

Z sin (β) sin(4β)
2m2

A

−
m2

Z cos (β) sin(4β)
2m2

A
m2

Z cos (β) sin(4β)
2m2

A

−
m2

Z sin (β) sin(4β)
2m2

A

 ,

(A.5)

which confirms (4.13) and (4.15) neatly.

A.2. Tree Level Higgs Mass matrix in the MRSSM

The higgs mass matrix of the MRSSM M2 describes the mixing between the gauge eigenstates
(φd,φu,φs,φt),

M2 =


m2

Zc
2
β +m2

As
2
β −(m2

Z +m2
A)sβcβ −vd(

√
2λµ+ g1M

D
B ) vd(Λµ+ g2M

D
W )

−(m2
Z +m2

A)sβcβ m2
Zs

2
β +m2

Ac
2
β vu(

√
2λµ+ g1M

D
B ) −vu(Λµ+ g2M

D
W )

−vd(
√

2λµ+ g1M
D
B ) vu(

√
2λµ+ g1M

D
B ) 4(MD

B )2 +m2
S + λ2v2

2 −λΛv2

2
√

2
vd(Λµ+ g2M

D
W ) −vu(Λµ+ g2M

D
W ) −λΛv2

2
√

2
4(MD

W )2 +m2
T + Λ2v2

4

 .

(A.6)
Since M2 is real and symmetric, it can be orthogonally diagonalized via the perscription
described in chapter 6. The relationship between the gauge and mass eigenstates is described
by the matrix U 

φd
φu
φs
φt

 = U


h
H
Hs

Ht

 . (A.7)

As in the MSSM, M2 contains corrections up to ε2, where ε = v/MSUSY . SUSY masses are
mS ,mT ,mA,MD

W ,MD
B ,µ.

M2

m2
SUSY

=

(
M (0))2
m2

SUSY︸ ︷︷ ︸
∼ε0

+
(
M (1))2
m2

SUSY︸ ︷︷ ︸
∼ε

+
(
M (2))2
m2

SUSY︸ ︷︷ ︸
∼ε2

, (A.8)

where

(
M (0)

)2
=


m2

A sin2 β −m2
A cosβ sinβ 0 0

−m2
A cosβ sinβ m2

A cos2 β 0 0
0 0 4(MD

B )2 +m2
S 0

0 0 0 m2
T + 4(MD

W )2

 , (A.9)

(
M (1)

)2
=


0 0 −v

(
g′MD

B +
√

2λµ
)
cosβ v

(
gMD

W + Λµ
)
cosβ

0 0 v
(
g′MD

B +
√

2λµ
)
sinβ −v

(
gMD

W + Λµ
)
sinβ

0 0 0 0
0 0 0 0

 , (A.10)
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A. Perturbative diagonalization in action

(
M (2)

)2
=


1
4(g′2 + g2)v2 cos2 β −1

8(g′2 + g2)v2 sin(2β) 0 0
−1

8(g′2 + g2)v2 sin(2β) 1
4(g′2 + g2)v2 sin2 β 0 0

0 0 v2λ2

2 −v2λΛ
2
√

2
0 0 −v2λΛ

2
√

2
v2Λ2

4

 . (A.11)

In this discussion, the assumptions of (7.1) are made, where vs ≈ 0 and vt ≈ 0. This presents
no contradiction to the tree level solutions for vs and vt, which imply vs,t ∝ ε3, since this
discussion does not go beyond O(ε2).
The eigenvalues are the entries of the D matrices, they read up to O(ε2)

D(0) =


0 0 0 0
0 m2

A 0 0
0 0 4(MD

B )2 +m2
S 0

0 0 0 m2
T + 4(MD

W )2

 , (A.12)

D(1) =


0 0 0 0
0 0 0 0
0 0 0 0
0 0 0 0

 , (A.13)

D(2) =


1
4(g′2 + g2)v2 cos2(2β) − v2

(
(g′MD

B +
√

2λµ)2

4(MD
B )2+m2

S

+ (gMD
W +Λµ)2

m2
T +4(MD

W )2

)
cos2(2β) 0 0 0

0 (2, 2) 0 0
0 0 (3, 3) 0
0 0 0 (4, 4)


(A.14)

with

(2, 2) = v2 sin2(2β)
4
(
m2

A − 4(MD
B )2 −m2

S

) (
m2

A −m2
T − 4(MD

W )2
)

×
[
g2 (m2

A − 4(MD
B )2 −m2

S

)
(m2

A −m2
T ) + g′2

(
m2

A −m2
S

) (
m2

A −m2
T − 4(MD

W )2
)

+ 8
√

2 g′MD
B

(
m2

A −m2
T − 4(MD

W )2
)
λµ+ 8g

(
m2

A − 4(MD
B )2 −m2

S

)
MD

WΛµ

+ 4
(
2
(
m2

A −m2
T − 4(MD

W )2
)
λ2 +

(
m2

A − 4(MD
B )2 −m2

S

)
Λ2)µ2

]
, (A.15)

(3, 3) =
1
2
v2
{
λ2 +

g′2(MD
B )2 + 2

√
2g′MD

B λµ+ 2λ2µ2

m2
A − 4(MD

B )2 −m2
S

(−1 + cos(4β))

+
g′2(MD

B )2 + 2
√

2g′MD
B λµ+ 2λ2µ2

4(MD
B )2 +m2

S

(1 + cos(4β))
}

, (A.16)

(4, 4) =
1
4
v2

{
Λ2 −

4
(
gMD

W + Λµ
)2 (

m2
A − 2

(
m2

T + 4(MD
W )2

)
+m2

A cos(4β)
)(

m2
T + 4(MD

W )2
) (

−m2
A +m2

T + 4(MD
W )2

)
+

4m2
A

(
gMD

W + Λµ
)2 sin2(2β)(

−m2
A +m2

T + 4(MD
W )2

)2
+ 4

(
m2

T + 4(MD
W )2

) (
gMD

W + Λµ
)2(− cos2(2β)(

m2
T + 4(MD

W )2
)2 − sin2(2β)(

−m2
A +m2

T + 4(MD
W )2

)2
)}

.

(A.17)

The eigenvectors are given in the matrices U . However, U (1) and U (2) are analytically rather
large and will not be listed here explicitly, as they are not relevant for the present discussion.
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A. Perturbative diagonalization in action

U (0) reads

U (0) =


cosβ − sinβ 0 0
sinβ cosβ 0 0

0 0 1 0
0 0 0 1

 . (A.18)

The upper left 2x2 block corresponds to the MSSM result.

A.3. Simple one loop setup

In order to genuinely expand the Coleman-Weinberg potential up to fourth order in v, the
mass eigenvalues m2 need to be calculated in the perturbative framework up to fourth order in
v/mSUSY under the assumptions listed in section 9.1. All contributions can be split according
to

M2

m2
SUSY

=

(
M (0))2
m2

SUSY︸ ︷︷ ︸
∼ε0

+
(
M (1))2
m2

SUSY︸ ︷︷ ︸
∼ε

+
(
M (2))2
m2

SUSY︸ ︷︷ ︸
∼ε2

, (A.19)

where ε = v/MSUSY .

A.3.1. CP-even Higgs

The CP-even Higgs mass Matrix M2
H0 is

M2
H0 =


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

S + v2λ2

2 −v2λΛ
2
√

2
0 0 −v2λΛ

2
√

2
m2

T + v2Λ2

4

 . (A.20)

It can be dissected into

(
M (0)

)2
=


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

S 0
0 0 0 m2

T

 ,

(
M (1)

)2
=


0 0 0 0
0 0 0 0
0 0 0 0
0 0 0 0

 ,

(
M (2)

)2
=


0 0 0 0
0 0 0 0
0 0 v2λ2

2 −v2λΛ
2
√

2
0 0 −v2λΛ

2
√

2
v2Λ2

4

 .

(A.21)

The matrix of eigenvalues D up to ε4 reads

D =


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

S + 1
2v

2λ2
(
1 + v2Λ2

4m2
S−4m2

T

)
0

0 0 0 m2
T + 1

4v
2
(
1 − v2λ2

2m2
S−2m2

T

)
Λ2

 . (A.22)
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A.3.2. CP-odd Higgs

The CP-odd Higgs mass Matrix M2
A is

M2
A ==


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

S + v2λ2

2 −v2λΛ
2
√

2
0 0 −v2λΛ

2
√

2
m2

T + v2Λ2

4

 . (A.23)

It can be dissected into

(
M (0)

)2
=


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

S 0
0 0 0 m2

T

 ,

(
M (1)

)2
=


0 0 0 0
0 0 0 0
0 0 0 0
0 0 0 0

 ,

(
M (2)

)2
=


0 0 0 0
0 0 0 0
0 0 v2λ2

2 −v2λΛ
2
√

2
0 0 −v2λΛ

2
√

2
v2Λ2

4

 .

(A.24)

The matrix of eigenvalues D up to ε4 reads

D =



m2
Hd

0 0 0
0 m2

Hu
0 0

0 0 m2
S +

v2λ2

2
+

v4λ2Λ2

8m2
S − 8m2

T

0

0 0 0 m2
T +

v2Λ2

4
− v4λ2Λ2

8m2
S − 8m2

T

 . (A.25)

A.3.3. Charged Higgs

The Charged Higgs mass Matrix M2
H± is

M2
H± =


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

T + 2(MD
W )2 2(MD

W )2

0 0 2(MD
W )2 m2

T + 2(MD
W )2 + v2Λ2

2

 . (A.26)
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It can be dissected into

(
M (0)

)2
=


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

T 0
0 0 0 m2

T

 ,

(
M (1)

)2
=


0 0 0 0
0 0 0 0
0 0 2(MD

W )2 2(MD
W )2

0 0 2(MD
W )2 2(MD

W )2

 ,

(
M (2)

)2
=


0 0 0 0
0 0 0 0
0 0 0 0
0 0 0 v2Λ2

2

 .

(A.27)

The matrix of eigenvalues D up to ε4 reads

D =


m2

Hd
0 0 0

0 m2
Hu

0 0
0 0 m2

T + v2Λ2

4 − v4Λ4

64(MD
W )2 0

0 0 0 m2
T + v2Λ2

4 + v4Λ4

64(MD
W )2

 . (A.28)

A.3.4. Neutral-R Higgs

The CP-odd Higgs mass Matrix M2
R is

M2
R =

(
m2

Rd
0

0 m2
Ru

+ 1
4v

2 (2λ2 + Λ2)) , (A.29)

which is already diagonal.

A.3.5. Charged R Higgses

Since the charged R-Higgses do not mix, the contribution is directly given by

m2
R+ = m2

Ru
+

Λ2v2

2
(A.30)

A.3.6. Neutralinos

The squared Neutralino mass Matrix MT
χMχ is effectively 2×2 under the assumptions of this

analysis

MT
χMχ =

(
v2λ2

2 −v2λΛ
2
√

2
−v2λΛ

2
√

2
v2Λ2

4

)
. (A.31)

It can be dissected into (
M (0)

)2
=

(
(MD

B )2 0
0 (MD

W )2

)
,(

M (1)
)2

=

(
0 0
0 0

)
,

(
M (2)

)2
=

(
v2λ2

2 −v2λΛ
2
√

2
−v2λΛ

2
√

2
v2Λ2

4

)
.

(A.32)

55



A. Perturbative diagonalization in action

The matrix of eigenvalues D up to ε4 reads

D =

(MD
B )2 +

v2λ2

2
+

v4λ2Λ2

8(MD
B )2 − 8(MD

W )2
0

0 (MD
W )2 +

v2Λ2

4
− v4λ2Λ2

8(MD
B )2 − 8(MD

W )2

 .

(A.33)

A.3.7. ρ Charginos

Under the assumptions of this analysis, only the ρ-Charginos contribute. The squared mass
Matrix MT

ρ−Mρ− is

MT
ρ−Mρ− =

(
(MD

W )2 + v2Λ2

2 0
0 0

)
, (A.34)

which is already diagonal.

A.3.8. stop

Under the assumptions of this analysis, the mass matrix for the stop reads

M2
t̃
=

m2
Q,33 +

v2y2
t

2
0

0 m2
u,33 +

v2y2
t

2

 , (A.35)

which is already diagonal.
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B. Benchmark points

Table B.1 includes Benchmark points 1-3 from [12].

BMP1 BMP2 BMP3

tanβ 3 10 40

Bµ 5002 3002 2002

λd, λu 1.0, −0.8 1.1, −1.1 0.15, −0.15

Λd, Λu −1.0, −1.2 −1.0, −1.0 −1.0, −1.15

MD
B 600 1000 250

m2
Ru

20002 10002 10002

µd, µu 400, 400

MD
W 500

MD
O 1500

m2
T , m2

S , m2
O 30002, 20002, 10002

m2
Q;1,2, m

2
Q;3 25002, 10002

m2
D;1,2, m

2
D;3 25002, 10002

m2
U ;1,2, m

2
U ;3 25002, 10002

m2
L, m2

E 10002

m2
Rd

7002

Table B.1.: Benchmark points BMP1–BMP3 from [12].
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